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Abstract

Piezoelectric semiconductors (PSs) are functional materials with both
piezoelectric and semiconductor properties. The core property of PSs is the multi-
field coupling effect of mechanical-electro-carrier, and its multiple properties are
adapting to the needs of the rapid development of electronic devices. In recent
years, the research on multi-field coupling behaviors and waves modulation of
PSs has become one of the hot topics. By integrating multiferroic materials with
PSs, new magnetically regulated composite devices such as magnetically induced
piezoelectric potential transistors, magnetically driven nanogenerators, and LED
photovoltaic devices can be obtained, which have great potential applications. In
this thesis, several fundamental surface acoustic wave (SAW) problems in
multiferroic composite semiconductors (MCSs) are systematically studied. The
propagation characteristic and regulation mechanism of coupled waves in
composite structures are explained, and the electromechanical (ME) coupling
responses with multi-physical fields are analyzed, which is of guiding significance
for the design of magnetically related SAW devices and piezotronic devices. The
main studies include:

(1) Based on the magneto-mechanical-electro-carrier coupling theory, the
propagation characteristics of SH-type surface waves in piezomagnetic (PM) and
PS layered half-space are studied. Two models of PS/PM layered half-space and
PM/PS layered half-space are constructed. In the first model, based on the
obtained dispersion equations in the complex domain, the effects of initial carrier
concentration, overlay thickness and material properties on the dispersion and
attenuation of SH waves are numerically calculated, and the distributions of the
real and imaginary parts of electromechanical fields through the thickness are
deeply analyzed. The results show that semiconductor properties have a great
influence on the mechanical and electrical physical quantities, but a little
influence on the magnetic related quantities. In the PM/PS layered half-space, the
first three modes of Love waves are obtained for open and short circuits, and for
different combinations of materials, respectively, where the wave speed and
attenuation in open case are correspondingly smaller than those in short. The
analysis shows that the propagation of Love waves depend on the overlay
thickness, and the wave speed decreases significantly with the increase of
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thickness. PM constant has obvious influence on the first two modes of wave
speed, while the carrier concentration and piezoelectric (PE) constant have a small
negligible effect.

(2) Considering the PM/PE/semiconductor three-layer composite structure,
the effects of the overlay thickness, the initial carrier concentration, PM constant,
and the four different material combinations on the Love waves and Rayleigh
waves are obtained. The results show that both Love and Rayleigh waves only
undergo dispersion without attenuation. Except for the first mode of the Rayleigh
waves that starts at the Rayleigh wave velocity at substrate, the remaining modes
of the Rayleigh waves and all modes of the Love waves start at the shear wave
velocity of substrate. The wave speeds of the first three modes of both Love and
Rayleigh waves decrease significantly with the thickness of PM layer, but do not
vary with the initial carrier concentration. The influence of material on Rayleigh
waves is greater than that on Love waves.

(3) The propagation of SH waves in a PS plate and PM/PS bilayer composite
plate under initial stress is investigated, and the influence of initial stress on SH
waves under multi-field coupling is analyzed. Numerical results show that the
wave velocity of SH waves in PS plate becomes smaller and the attenuation is
enhanced with constant initial stress. 100 MPa can be regarded as the inflection
point where the phase velocity decreases sharply with increasing initial stress. In
addition, both the wave speed and attenuation in short circuit are correspondingly
smaller than those in the open case. In the PM/PS composite plate, the effects of
carrier concentration, plate thickness, initial stress, and material properties on SH
waves are similar to those in pure PS plate, indicating that the PM layer has a
limited effect compared to the initial stress. Under the same initial stress, the
phase velocity of CdSe/CoFe2O4 is much smaller than that of ZnO/CoFe2O4, and
the attenuation is also much weaker.

(4) The SH waves regulation in PM/PS layered structure by rotation and
biasing electric field is studied. The dispersion, attenuation characteristics and
frequency drift of SH waves in the layered structure rotating around a fixed axis
are obtained in the framework of coupled theory including Coriolis and
centrifugal forces. The results show that the wave dispersion and attenuation are
also caused by the rotation. With the increase of the angular velocity, the wave
speed and attenuation decrease faster, the frequency drift and attenuation
coefficient become larger. The rotational sensitivity is much greater at long waves
than at short waves. The SH-wave gain can be obtained by applying a horizontal
biasing electric field regardless of rotation. There exists a biasing electric field
turning point for attenuation and gain, as well as an inflection point where the
maximum gain is obtained. With the increase of the biasing electric field, the
wave speed will first decrease to the minimum, and then increase rapidly until it
levels off.

(5) The bending coupling of a PS bimorph and the electromechanical response
of a PS/PM composite beam are studied, respectively. In the PS bimorph, coupled
two-dimensional (2D) plate equations are obtained from three-dimensional (3D)
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theory. Considering the uniform load in rectangular domain, the distributions of
electromechanical fields such as deflection, potential, carriers are obtained by
using plate theory series solution and finite element method, respectively. The
results of the two methods are similar and the errors are small. Besides, locally
self-balancing load induce the potential barriers/wells. The PS/PM composite
beam exhibits a complex coupling of bending and extension, and the transverse
magnetic field moves the mobile charges to the ends of the beam. All
electromechanical fields increase and change significantly with the increase of
magnetic field, but the mechanical fields are less sensitive to the change of initial
carrier concentration than the electrical physical quantities.

Keywords: Piezoelectric semiconductor, Piezomagnetic, Layered structure,
Propagation characteristic, Initial stress, Rotation, Coupling behavior
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Chapter 1

Introduction

1.1 Foreword

Due to the coupling of piezoelectric and semiconductor properties, PSs have
functional properties that traditional piezoelectric materials and semiconductor
materials do not have. As early as the 1960s, there were many successful attempts
on the development of PS microacoustic electronics [1]. In PSs, the interaction
between elastic waves and mobile charges is called the acoustoelectric effect [2],
and various acoustic devices based on the acoustoelectric effect have been
continuously developed in the past few decades [3-8]. However, the piezoelectric
properties of early PSs were generally weak, which limits their application in
practice. In recent years, researchers have synthesized ZnO nanostructures with
large piezoelectric effect such as nanofibers, belts, spirals and thin films [9-11],
which have been widely used in functional devices in the form of sensors [12,13],
nanogenerators [14,15], field-effect transistors [16,17] and acoustic charge
transfer devices [18].

The core property of PSs is mechanical-electro-carrier coupling, and its basic
behavior can be described by the macroscopic theory consisting of the traditional
piezoelectric theory [19] and the semiconductor drift-diffusion theory [20], which
is coupled by doping and moving charges. Based on the coupling theory, various
multi-field coupling problems of PSs, including tensile [21,22], bending [23,24],
vibration [25,26] and fracture [27-30], have been solved. These studies have laid
the foundation for a better understanding of the coupling characteristics of PSs
and the developing of novel PS devices.

The wide potential applications of PSs require a better understanding of the
elastic waves propagation in PSs. Due to semiconductor properties, elastic waves
in PSs are both of dispersion and attenuation [31,32] as compared with in the pure
elastic or pure piezoelectric mediums. By applying biasing electric fields in the PS
structures, the amplification of the elastic waves can be achieved [33-36].
Therefore, it is necessary to study the effects of boundary conditions, steady-state
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carrier concentration, layer thickness, material properties and biasing electric field
on the dispersion and attenuation of elastic waves in PSs. Semiconductor
properties and elastic waves in PSs can be regulated by generating piezoelectric
potentials or polarized electric fields using external loads such as mechanical
forces and heat. When PM materials are added or embedded in PS materials, the
composite structure will exhibit more complex mageto-electro-semiconductive
(MES) coupling. The use of magnetic field to control the semiconductor
characteristics of carriers in PSs can realize remote and non-contact operation, and
has great application prospects. Based on this, new multifunctional devices such
as magnetic induced transistors, magnetic driven nanogenerators and magnetic-
optical devices can be made.

However, to our best knowledge, there are still few research on the MES
multi-field coupling, and there have been no reported studies on SAWs
propagation in MCS structures, which motivate the work.

In the thesis, the propagation characteristics of SAWs in various MCSs are
studied. Based on MCS macroscopic theory, the effects of boundary conditions,
initial carrier concentration, plate thickness, material properties, initial stress and
rotation fields on the dispersion and attenuation of surface waves are analyzed.
The coupling of bending and moving charges in bilayer PS plates, and the
electromechanical coupling response of PM/PS composite beam under a
transverse magnetic field are also obtained.

1.2 Multiferroic composite semiconductors

1.2.1 Piezoelectric semiconductors and related applications

Semiconductor materials have developed from the first generation of elemental
semiconductors represented by Si and Ge to the second generation of compound
semiconductors such as GaAs and InP, and then to the third generation of
semiconductors represented by SiC, GaN, ZnO, diamond and AlN. Compared
with the first two generations, the third generation semiconductor have the
advantages of large band gap, high breakdown electric field, high thermal
conductivity, high electron saturation rate and strong radiation resistance, etc.
They are more suitable for the production of high temperature (aerospace engines,
underground drilling equipment, etc.), high frequency (GaN fast charging power
adapters, 5G/6G base station RF power amplifiers, etc.), radiation resistance
(nuclear power plants, satellite power management systems, etc.) and high power
devices (photovoltaic inverters, electromagnetic catapult systems, etc.).

The rapid development of electronic science puts forward higher requirements 

for materials, and traditional piezoelectric materials or semiconductor materials 

can not fully meet the needs of electronic devices. The development of electronic 

devices towards miniaturization, functionalization and intelligence has led to an 

urgent search for functional materials with two or more properties in a single 

entity. The traditional semiconductors cannot control the electrical signal directly
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because they do not have the piezoelectric effect, but the PSs can control the
carrier transport through the electric field generated by the mechanical field, so as
to manipulate silicon-based electronic devices. The common wurtzite type Ⅱ-Ⅵ
and Ⅲ-Ⅴ PSs have non-centrosymmetric crystal structures and thus can exhibit
remarkable piezoelectric properties.

(a)
Fig. 1.1 Three different ZnO crystal structures [37] (the gray and black spheres denote Zn
and O atoms, respectively): (a) cubic rocksalt, (b) cubic zinc blende, and (c) hexagonal
wurtzit

(b) (c)

e

Take ZnO as an example, as shown in Fig. 1.1, there are three zinc oxide
crystals with different structures [37]. The wurtzite structure shown in Fig. 1.1(c)
is a non-centrosymmetric hexagonal with four “O” ions distributed around each
“Zn” ion, which together form a regular tetrahedral structure and are periodically
distributed.

According to the presence or absence of doping, semiconductors can be
divided into intrinsic semiconductors and impurity semiconductors (n-type and p-
type semiconductors), and a small amount of doping can drastically change the
conductive properties of semiconductors. In PSs, free electrons and holes act as
carriers. The number of more carriers is called the majority of carriers, most of the
carriers in n-type semiconductors are electrons, so n-type semiconductors are also
called electronic semiconductors, and the corresponding p-type are called hole
semiconductors. However, the coupling of polarization charge and semiconductor
properties in PSs has long been neglected, and the related functional devices have
not been quantified and widely used. The successful fabrication of various
nanoscale PSs in the early 21st century [9-11], along with the introduction of the
new concepts of Piezotronics [38,39] and Piezo-phototronics [40,41] by Zhonglin
Wang's group in 2007 and 2010, respectively, the PSs and the related fields
gradually became a research hotspot.

The piezotronic effect uses the piezoelectric potential as a "gate" voltage to
modulate the transport of carriers at the contact or junction region [42]. Based on
this effect, Zhonglin Wang's team has successfully fabricated a series of novel
electronic devices, including various sensors [12,13,43], field-effect transistors
[16,17,44], diodes [45] and programmable electromechanical memories [46]. The
piezo-phototronic effect controls carrier generation, transport, and recombination
through the piezoelectric potential, which is a coupling of polarization and optical
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excitation of PSs to improve the performance of optoelectronic devices such as
photodetectors [40], light-emitting diodes [47], and solar cells [48]. Longfei Wang
[49] outlined the basic principles of piezo-phototronic effects, material systems
and the research progress of devices. The three-way coupling of the
piezoelectricity, photoexcitation, and semiconductor properties is the basis for the
study of piezotronics, piezophotonics, conventional optoelectronics, and piezo-
phototronics [42,50,51]. The coupling mechanism and application prospects are
shown in Fig. 1.2.

Fig. 1.2 The three-way active coupling among piezoelectricity, photoexcitation and
semiconductor & the application prospects of piezotronics and piezo-phototronics [42]

PSs can convert mechanical and electrical signals by using the piezoelectric
effect and realize the self-sustainable supply of energy, which will play an
important role in the field of energy harvesting [52]. In addition, PSs will occupy
an important position in electronic devices and acoustic devices due to the
simultaneous acousticelectric effect and acousticelectric amplification effect. The
theoretical study of the coupling effects and elastic waves in PSs is of great
significance for the improvement of PS materials and the development of PS
devices and equipment. The macroscopic theory of PSs can be described by
theories such as linear piezoelectric equations and charge continuity equations
[20,53,54]. In addition, some other scholars have also proposed more
comprehensive nonlinear theory [55,56].

1.2.2 Multiferroic composite semiconductors and coupling

Electrons have two key properties: charge and spin. The property of charge is
widely known, and its directional movement forms the current that conventional
computers use to transmit and process data. However, the current also brings
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bottlenecks such as “consuming a lot of power and generating a lot of heat”, and
the performance of electronic devices is approaching their physical limits. The
property of electron spin has not been paid much attention until 1988, when
Baibich et al. observed the giant magnetoresistance effect in the superlattice
structure composed of Fe/Ce multi-period films [57], and people began to realize
the application value of electron spin. The injection of spin-polarized electrons
into semiconductor devices allows the development of a new generation of
semiconductor spintronic devices [58]. In recent years, spintronics has been
studied theoretically and experimentally [59].

However, spin-based electronic devices often require extreme conditions (e.g.,
low temperatures or strong magnetic fields, etc.), which limits their applications.
A flexible method is to design composite devices, such as magnetoelectric and
magneto-optical composite devices, etc. Magneto-electro-elastic material is a
multifunctional composite material, which can conveniently convert magnetic,
electrical and mechanical energies, and macroscopically has magnetoelectric
effects (ME). By coupling magnetic, semiconductor and piezoelectric properties, a
new type of magnetic control composite device can be obtained, which has a wide
application prospect. Liu et al. [60] combined magnetoelectric composites with
2D semiconductors (single-layer MoS2) to design a novel magnetic-induced-
piezopotential transistor, and realized the modulation of the magnetic field to the
transistor at room temperature. Hao et al. [61,62] from the Hong Kong
Polytechnic University successfully fabricated a magneto-optical composite
device by coupling magnetic field, piezoelectric effect and photoelectric effect,
and realized the noncontact drive of light by magnetic field. Wang et al. fabricated
GaN-based LED optoelectronic devices to achieve magnetic-mechanical-
electrical-optical coupling and verified it with experiments [63]. In addition, they
reported a new magnetic-driven noncontact nanogenerator (CLNG), which avoids
the direct contact between the nanogenerator and the mechanical movement
source [64].

In fact, scholars have successfully integrated multiferroic materials with PS
materials to explore more multi-functional MCS devices. For example, Li et al.
[65] integrated BaTiO3/CoFe2O4 multiferroic heterostructures on GaN substrates
to obtain new MCS materials. Thomas et al. [66] reviewed multiferroic thin film
deposition technology and multiferroic magnetic integrated semiconductor
devices. In addition to magnetic multilayers, research on magnetic
semiconductors, non-magnetic semiconductor quantum wells, and semiconductor
spin injection has also become very active, greatly enriching the research scope of
semiconductor spintronics [67,68].

Semiconductor magnetoelectronics, spintronic devices and magnetic control
composite devices have great potential for commercial applications. Compared
with traditional stress modulation, magnetically modulated composite devices
have the same modulation effect, but with the unique advantages of remote and
contactless. For the MCS models, the theory includes piezoelectric effect, carrier
transport properties, piezomagnetic effect and magnetoelectric coupling effect.
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The corresponding equations are composed of semiconductor current drift-
diffusion and the basic equations of multiferroic composite materials. According
to existing studies [69-71], the governing equation of MCS models can be
expressed as:
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in which Eq. (1.1)1 stands for the equlilbrium equation of motion without body
force, Eq. (1.1)2 and Eq. (1.1)3 are the equations representing the Gaussian law of
quasistatic electromagnetics. The two equations in Eq. (1.1)4 are the charge
conservation equations for holes and electrons. It is worth noting that the above
equations ignore the recombination and regeneration of carriers. In the Eq. (1.1),
Tij, Di and Bi are the stress, electrical displacement and magnetic flux intensity,
respectively, ρ is the density of material. q = 1.6 × 10-19 C is the elementary
charge, p

iJ and n
iJ the hole and electron current densities, respectively.

The Cartesian tensor notation and the Einstein summation convention are
used. The values of i, j, k and l range from 1, 2 to 3. The superscript dot represents
the derivative with respect to time, the subscript comma followed by an index i
denotes partial derivative with respect to xi.

The coupling constitutive relations describing material properties and current
density are:
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in which Eq. (1.2)1-3 are the constitutive relations describing behaviors of
multiferroic materials, and Eq. (1.2)4-5 are the drift-diffusion model representing
the current densities of holes and electrons. Sij is the strain, Ei the electric field,
and Hi the magnetic field. cijkl, eijk, fijk, εij, gij and αij are elastic, PE, PM, dielectric,
ME coefficients and magnetic permeability, respectively. p

ij and n
ij are the

mobility constants of holes and electrons, p
ijD and n

ijD are the diffusion

constants of holes and electrons. The carrier mobility and diffusion constants
conform to the Einstein relationship as [20]:
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where kB and Tk are Boltzmann constant and Kelvin temperature, respectively. kB

Tk /q is the value at room temperature 300K [20]. In the numerical calculation, the
small carrier perturbations of the PS layer are usually considered, so the hole and
electron concentrations can be represented linearly as p = p0 + p and n = n0 + n.
The p0 and n0 are the initial hole, electron concentrations under steady state.
Considering uniform doping, 0 Ap N  and 0 Dn N  . If the PS in the composite
structure is considered as n-type, the internal electron density and donor doping
density will be much higher than the hole density and acceptor doping density, i.e.

,  D An p N N ? ? . Therefore, in the study, the effect of hole density and acceptor
doping density can be ignored, that is, all the equations about hole p will
disappear. The linear governing equation corresponding to PM/n-type PS will be
changed from Eq. (1.1) to:
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Accordingly, the constitutive equation (1.2) can also be re-expressed as:
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It is obvious from Eqs. (1.1) and (1.2) or Eqs. (1.4) and (1.5) that ME effects
and semiconductor properties in MCS composite structures are coupled to each
other. The above equations lay the theoretical foundation for the modeling of
MCSs, as it is obviously not easy to deal with the mageto-electro-semiconductive
multifield coupling, especially the nonlinear problems, by mathematical methods.
In order to obtain analytical solutions, small perturbations of carriers are usually
considered, i.e., the linearized theoretical approach corresponding to Eqs. (1.4)
and (1.5).

1.3 Elastic waves in piezoelectric semiconductors

The theory of elastic waves in complex media has been widely used in
geophysical exploration, non-destructive testing, medical ultrasound imaging,
structural health detection and other fields [72]. The propagation characteristics of
elastic waves in PSs are also receiving increasing attention. In this Section, the
research progress of elastic waves in PSs will be summarized from the following
aspects: body, surface and guided waves in pure PSs, elastic waves in layered PSs
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and piezoelectric-nonpiezoelectric semiconductor composite structures, as well as
elastic waves in PS structures considering small-scale effects (surface effects,
flexoelectric effects, etc.) and interface effects.

1.3.1 Elastic waves in single piezoelectric semiconductors

Early studies on elastic wave propagation in pure PSs mainly focused on body
waves. Huston and White [31] at Bell Telephone Laboratories in the U.S.
proposed the linearization theory when studying PS acoustic waves, and found
computationally that when piezoelectric crystals were semiconductors at the same
time, electric fields would generate current and space charge, resulting in the
dispersion and attenuation of waves. In PSs, the interaction between acoustic
waves and mobile charges is called the acoustoelectric effect, a special case of a
general phenomenon, also called the wave-particle drag effect (WPDE) by
Weinreich et al. [73]. Huston et al. [74] obtained experimentally that 18 db and 38
db of wave amplitude gain can be obtained in 7 mm class CdS at 15 Mc/sec and
45 Mc/sec, respectively, and compared the experimental results with theoretical
calculations.

In the 1970s and 1980s, researchers utilized the acoustoelectric effect of
acoustic waves to produce many acoustoelectric devices. For example, Kino [75]
discussed the application of acoustic convolvers in signal processing in 1976, and
described optical scanners, acoustic focusing and imaging devices. Heyman [76]
in 1978 discussed the working principle of acoustoelectric transducers (AET)
based on acoustoelectric effect and gave the optimization steps in use, and found
that the data resolution obtained by AET was significantly improved compared
with traditional piezoelectric sensors. Busse et al. [77] proposed a CdS based
phase-sensitive receiver in 1981 and gave some optimization criteria. Dietz et al.
[78] gave experimental results of sensitivity and frequency response of several
detectors, and discussed devices such as power meters and spot intensity meters
for diagnostic imaging pulses.

Compared with body waves, the amplitude of surface waves and interface
waves decreases rapidly with the increase of the distance from the interface or
surface, and their energy is also concentrated near the surface or interface [72].
Based on the basic PS half-space, Gu et al. [79] and Cao et al. [80] obtained the
propagation characteristics of SH waves and generalized Rayleigh waves under
the biasing electric field, respectively. They verified that the semiconductor
properties would reduce the wave speed, cause the wave to be dispersed and
attenuated, and also verified the gain effect of the biasing electric field. Further,
assuming that material parameters increase exponentially along the thickness,
Wang et al. [81] studied SH waves in functionally graded piezoelectric
semiconductor half-space (FGPS).

For pure PS plates, Tian et al. [82] systematically studied the effects of
boundary conditions, carrier concentration, plate thickness and biasing electric
field on the wave speed and attenuation of SH and Lamb waves in PS plates
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through numerical examples. Zhang et al. [83] studied the propagation of
extensional waves in a thin PS rod. Zhu et al. [84] obtained the effect of
semiconductor properties on nanogenerators through the study of SH wave
propagation in PS plates: mechanically, the semiconductor properties reduce the
kinetic energy of the waves; electrically, it was found that energy can be collected
during deformation generation and recovery. Liang and Hu [85] obtained the
exact solution of the coupled wave in the PS rod, and studied the influence of
three time scales on the coupled wave propagation.

Considering the dispersion and attenuation properties of coupled waves in
semi-infinite PSs, Jiao et al. [86] studied the reflection of elastic waves at
mechanically free, electrically insulation and dielectrically open circuit. Using
classical coupled thermoelastic theory, Jahangir et al. [87] studied the influence of
free surface boundary on reflected waves in semi-infinite PS medias. For n-type
PS half-space and PS plate under initial stress, Chen et al. [88,89] deeply analyzed
the effects of boundary conditions, initial carrier concentration and initial stress on
SH wave propagation, and the results showed that when the initial stress was large
enough, the wave speed in both structures would decrease sharply and the
attenuation would be enhanced. Wang et al. [90] investigated the propagation
characteristics of SH waves in FGPS when initial stress is applied. Further, Salah
et al. [91] proposed a simplified ordinary differential equation (ODE) method for
ZnO plates containing prestress, and obtained the effect of residual stress on
electron and hole drift.

In addition to half-space, plate, and thin film, researchers have also
investigated the properties of axial Lamb waves in PS cylindrical shells using
Legendre polynomial method [92]. Based on the PS PN junctions, Wei et al.
[93,94] studied the influence of PN junction in different doping types and
equivalent imperfect interface models on the coupled waves, and carried out
numerical calculations on the reflected and transmitted waves. Kong et al. [95]
theoretically studied the influence of elastic longitudinal waves on PN junctions
and believed that elastic waves had a tuning effect on the electrical behavior of
PN junctions. Recently, Zhang et al. [96] analyzed SH waves in PS nanoplates
considering surface effects based on Gurtin-Murdoch model, and illustrated the
influence of surface effects on SH waves at the nanoscale. In addition, they
revealed the propagation characteristics of terahertz elastic waves in PS rods,
finding that both phase and group velocities are 50% to 60% lower in the terahertz
range than in the low frequency range [97].

1.3.2 Elastic waves in piezoelectric semiconductor composite
structures

The above research focused on single PS structures (pure PS half-space, plate/film
and cylindrical shell, etc.). The study of elastic waves in multilayer PSs (PS
laminated plate/shell, PS thin film/PS substrate, PS cover/elastic substrate, etc.)
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and PE/semiconductor composite structures (semiconductor layer/PE half-space,
PE/semiconductor layered structure, etc.) has attracted increasing attention.

By using the series expansion method, Yang et al. obtained the 2D equations
of PS laminated plates [35] and PS multilayer shells [98] from the 3D equations,
and calculated the extensional waves in the semiconductor/ceramic/semiconductor
composite plates and the torsional waves in the PE/semiconductor multilayer
shells. In addition, Yang and Zhou also obtained the SH waves in PE plate
sandwiched between two semiconductor layers [99]. Using Legendre polynomial
expansion, Othmani et al. studied the propagation of Lamb waves in GaAs
PS/FGPS/AlAs PS [100], PS laminates composed of AlAs and GaAs [101] and
FGPS plates [102] without considering semiconductor properties. Sharma et al.
successively studied interfacial waves in three isotropic semiconductor/PE layered
half-spaces [103], three PE layer/semiconductor half-space composite structures
[104]. In addition, they also obtained dispersion curves, attenuation coefficients,
and energy dissipation factors for SAWs in PE/semiconductor/PE sandwich
structures [105].

For PS thin film/elastic half-space, Tian et al. investigated the effects of
semiconductor properties, film thickness, and biasing electric field on Rayleigh
waves [106] and Love waves [107]. At the same time, the analytical solution of
SH waves in PS multilayer plate [108] with imperfect interface was obtained, and
the effects of stacking order and imperfect interface on SH waves were discussed.
Considering the interface effects, Guo et al. [109,110] studied in-plane elastic
waves in PS/PE periodic materials and anti-plane elastic waves in 1D PS
phononic crystals, which can be used for the optimization of nanoenergy
harvesters. Scholars have also made new progress in the reflection and
transmission of coupled waves at the interface of laminated PSs. Jiao et al. [111]
analyzed wave propagation in AlN PE half-space/ZnO PS plate/AlN PE half-
space, and calculated the changes of energy reflection coefficient and
transmission coefficient with the incidence angle. Sahu et al. [112] studied the
reflection and transmission of quasi-plane waves in AlN/ZnO with initial stress.
Based on the electro-thermal-mechanical coupling model, Zhao et al. [113]
studied coupled waves in the PS sandwich structure.

Based on the semiconductor/PE layered half-space, Abd-alla et al. [114]
numerically analyzed the propagation characteristics of SH waves with rotation 

and initial stress. Furthermore, Xu et al. [115] obtained Rayleigh waves in layered 

PSs when the PN junction effects were considered, and the results showed that PN 

junction had little influence on dispersion and attenuation, but had great influence 

on electric potential, carrier concentration and electric displacement. By 

constructing a metal overlay/PS substrate, Xu et al. also studied the influence of 

Schottky junction effects on SH waves [116] and corrugated boundary on 

Rayleigh waves [117]. Recently, they analyzed SH waves on n-type PS substrate 

under thin metal strip gratings [118]. Qu et al. [119] derived infinite power series 

of 2D differential equations for flexoelectric semiconductors via extended 

Mindlin method. Jaafar et al. [120] added a titanium/gold guiding layer on the
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surface of GaN/Sapphire to achieve a change in the mode of acoustic wave
propagation, which can be used for biosensors and wireless communication.

1.4 Multifield coupling of piezoelectric semiconductors

The core property of PSs is mechanical-electro-carrier multi-field coupling. It is a
common way to control PSs by using external mechanical force to generate
piezoelectric potential or polarized electric field to drive carrier transport and
redistribution. In addition, non-contact control such as heat and magnetic fields
are also effective ways. When the temperature changes, the pyroelectricity and
piezoelectricity in the PSs will be coupled to produce a polarized electric field,
and then change the carrier distribution. The magnetic field can also control the
semiconductor characteristics of the carrier in the PSs through the magnetoelectric
coupling effect. This section will discuss the multifield coupling of PSs, focusing
on the research progress of stress/thermally/magnetic field regulation.

1.4.1 Stress/thermally control of piezoelectric semiconductor
coupling behavior

Starting from the 3D equations of the PSs, Zhang et al. [121] first derived the 1D
nonlinear equations of a free PS rod, obtained the displacement, electric field and
carrier distribution in the self-equilibrium rod, and found that the fields are
relatively strong near the ends than in the central part. Further, they also studied
the electromechanical fields of ZnO nanofibers under an axial force [21,22], and
also reached the conclusion that the electromechanical fields at both ends varied
greatly and were more sensitive to axial force. Fan et al. conducted a series of
innovative studies on stress-induced PSs. Firstly, for cantilevered circular ZnO
nanowire subjected to a concentrated force at the free end, they obtained exact
solutions of the electromechanical fields under static bending [122]. Secondly, by
studying PN junction subjected to a pair of tensile/compressive stresses at the
endpoints, they found that tensile stress would increase the potential barrier of PN
junction and make them more difficult to break through, while compressive stress
would have the opposite effect [123]. Subsequently, they also investigated the
regulation of piecewise stresses (one pair and two pairs of local concentrated
forces, and sinusoidally distributed forces) on the barrier and charge of PS
nanofibers [124].

For ZnO plates, Qu et al. obtained analytical solutions of rectangular plates
under load by using 2D plate theory, and found that local electromechanical fields
and barriers would be generated under local loads [125]. In addition, considering
the sandwich plate composed of piezoelectric and semiconductor (Si/PZT/Si),
they also obtained the coupling between the load and the distribution/motion of
the moving charges [126]. By constructing the opposite structure, namely
PZT/Si/PZT composite fiber, Cheng et al. [127] used a 1D model to study the
piezoelectric effect in stretching, showing that the composite fiber exhibits a
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piezoelectric coupling similar to that of a single PS fiber. In the composite fiber
discussed by Ju et al. [128], Si is uniform and PZT is piecewise uniform. The
results indicate that potential barriers form near the junctions of piecewise
piezoelectric layers, demonstrating the effectiveness of the one-dimensional (1D)
model in modeling thin piezoelectric fibers.

In addition, He et al. [129] studied the influence of stress on electric currents
in PS anti-plane, and obtained current-voltage relationship and current density
distribution by using COMSOL software for nonlinear numerical analysis. Yang
et al. [130] established a coupling model of PS bipolar junction transistors (PS-
BJT) subjected to mechanical loadings. The effect of base region on device
performance and the interaction between emitter/base junction and base/collector
junction are studied. Recently, in order to quantitatively explain the regulation of
stress on carriers, researchers studied the distribution of free carriers under
different deformation modes, including extension, bending, thickness-shear and
thickness-stretch [131].

When the temperature effects are considered, many PSs exhibit the coupling
of thermoelastic, piezoelectricity and pyroelectricity, and the regulation of
temperature changes through thermoelastic and pyroelectricity is similar to that of
mechanical forces. Using the macroscopic theory of thermoelectric
semiconductors, Cheng et al. studied the electrical behavior of PS fibers under
uniform temperature [132] and local temperature [133] changes, and the analysis
showed that the carriers would be redistributed when the temperature changed. In
addition, the research group studied the effect of uniform temperature change on
PS PN junction, and found that homogeneous junction has better temperature
stability, while heterogeneous junction is more sensitive to temperature change
[134]. They also discussed the effect of temperature on moving charges in
composite fibers composed of piezoelectric and semiconductors [135].

Based on the 2D equations of thermoelectric semiconductors, Qu et al. studied
the effect of temperature on the moving charges in the ZnO PS plate [136] and
thin film [137]. The numerical results showed that the temperature field can
control the distribution of moving charges in the plates, and the local change of
temperature would produce a pair of potential barriers and potential wells in the
film. Based on the continuum theory, the interaction between the thermoelectric
and mechanical fields in PSs were discussed [138].

Considering the structure of ZnO films sandwiched between ZrO2 substrate
films, Jin et al. [139] obtained closed form solutions of stress, deformation,
electric displacement and electric field under a steady-state thermal gradient. Ju et
al. [140] discussed in detail the influence of moving charge on the interfacial
thermal stress in PZT/Si/PZT composite rod, obtained the analytical expression of
the interfacial distributed shear stress and concentrated shear stress, and found that
the shear stress would disappear in the absence of moving charge.

Qiao et al. [141] studied the effect of temperature on the electrical
conductivity of GaN by numerical simulation and experimental verification, and
established a resistivity prediction model that was in good agreement with the
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experimental results. In addition, researchers have also studied the
electromechanical coupling behavior of a hollow cylinder composed of thin PS
outer/elastic inner layers at uniform temperatures [142].

1.4.2 Magnetically controlled piezoelectric semiconductors

In contrast to stress and thermally drive PSs, magnetic fields have high
penetration, enabling remote and non-contact operation. In recent years, progress
has been made in the theory and application of the magnetic field to control the
carrier of the semiconductor by using the magnetoelectric coupling effect in the
MCSs.

Cheng et al. [71] constructed a five-layer MCS model consisting of an upper
and lower PM layer, an upper and lower piezoelectric layer and a semiconductor
center layer, in which the magnetic fields "act" like mechanical forces in the
symmetric fiber. Similarly, Wang et al. [143] and Liang et al. [144] constructed a
three-layer composite fiber consisting of two PM layers and a PS core, and
obtained the carrier transport behavior under axial magnetic field and the
electromechanical response under local magnetic field, respectively. In addition,
Liang et al. [145] also studied the electromechanical behavior of PN junction in
the composite fiber composed of PM/PS/PM, and found that the homogeneous
junction was almost unaffected by the magnetic field, while the heterogeneous
junction was more sensitive to the magnetic field. Yang et al. [146] studied the
coupling behavior of bending and extension in PS/PM asymmetric unimorphs
under a transverse magnetic field. Wang et al. [147] proposed an antisymmetric
layered MCS consisting of two PM layers and two PS layers and studied the pure
bending behavior of cantilever beams under a longitudinal magnetic field.

For the composite cylindrical shell composed of PM and PS layers, the
analytical expressions [148] are derived by one-way coupled method and the
linear fully-coupled method, respectively, and the effects of the magnetic field
and semiconductor layer thickness ratio on the electric potential, electric field and
carrier are numerically analyzed. By applying time-dependent magnetic fields to
dynamically adjust the semiconductor characteristics of the composite
semiconductor fiber, Kong et al. [149] found that the magnetic field has a
significant tuning effect on the five-layer symmetric fiber near the natural
frequency. Zhang et al. [150] studied the nonlinear dynamic response of PN
heterojunctions in MCS composite fibers driven by dynamic magnetic loads.
Considering the surface effect, Wang et al [151,152] analyzed the nonlinear
magneto-mechanical-thermo coupling characteristics in MCS nanoplates and the
vibration of the nanoharvester driven by a time-harmonic magnetic field. Further,
Zhao et al. [153] conducted a 2D analysis of the electrical behavior of magnetic
field regulation based on the multifield coupling theory. These studies are helpful
for the design of piezotronics devices related to magnetic fields, which can be
applied in cutting-edge fields such as intelligent sensing, human-computer
interaction, biomedicine, nanorobots, and self-powered systems.
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In fact, by coupling magnetism, semiconductor and piezoelectricity, some
novel magnetically controlled composite devices have been obtained. Using
Terfenol-D, Al2O3 and ferroelectric semiconductor α-In2Se3, researchers prepared
piezotronics and magnetic dual-gated ferroelectric semiconductor transistor (PM-
FEST) [154]. The transistor has a maximum current on/off ratio of up to 1700% at
low magnetic fields of less than 200mT, and also has a higher measurement factor
than traditional PS devices. Based on the AlN/Si/Fe-Co-Si-B structure, Huang et
al. [155] proposed a magnetic surface acoustic wave (MSAW) resonator for
MEMS. Such resonators have great potential in the realization of wireless
magnetic field sensors with miniaturization, low power, and high complementary
metal-oxide-semiconductor (CMOS) compatibility.

1.5 Outline

As mentioned above, PSs have some advantages that traditional PE materials and
semiconductor materials do not have, and their multiple properties are suitable for
the rapid development of electronic technology and devices. Elastic wave
propagation and multi-field coupling behavior in single PSs and composite PSs
have been studied. However, the PE constants of PSs are relatively small, and
ferroelectric materials with large PE constants usually have weak semiconductor
properties, which limits the effective coupling of piezotronic materials and
devices. By adding or embedding PM materials in the PSs, the coupling of
piezoelectricity, semiconductor and magnetism can be realized, and the magnetic
field is used to drive the carrier to regulate the coupling behavior of the PSs.

Based on the macroscopic theory of magneto-mechanical-electro-carrier
multi-field coupling, some typical wave problems and coupling behaviors of
MCSs are studied in this paper, which provides a basis for the design of
piezotronics devices and acoustic devices based on magnetic field manipulation.
This thesis is divided into seven chapters, and the contents of each chapter are as
follows:

(1) Chapter 1 is Introduction. The application and coupling mechanism of PSs
and MCSs are introduced, the research progress of elastic wave propagation in
single PSs and composite PS structures is reviewed, and the coupling behavior of
PSs controlled by stress, heat and magnetic field is emphasized. Finally, the whole
contents of the thesis are introduced.

(2) In Chapter 2, SH-type waves in PS/PM layered half-space are studied. The
effects of steady-state carrier concentration, covering layer thickness and material
properties on SH-wave velocity and attenuation are systematically analyzed for
the PS layer/PM substrate. The dispersion curves and attenuation curves of Love
waves under different boundary conditions and material combinations are
obtained by considering the PM/PS layered half-space after the exchange of the
cover layer and the substrate.

(3) In Chapter 3, the SAWs in PM/PE/semiconductor composite structures are
discussed. In this Chapter, the propagation of Love waves and Rayleigh waves in
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three-layer structure is deeply analyzed, and the influence of covering layer
thickness, initial carrier concentration, PM constant and different material
combination on the waves is studied.

(6) Multi-physics coupling in MCSs is studied. The Chapter 6 focuses on two
aspects. Firstly, the coupling of bending and moving charge of PS bilayer plate
(bimorph) with opposite c-axis is studied, and the moving charge distribution and
potential barrier/potential well of rectangular plate under uniform load and self-
equilibrated load are obtained by using 2D plate theory. Secondly, the
electromechanical coupling response of the PS/PM composite beam under the
transverse magnetic field is discussed, and the effects of physical and geometric
parameters on the electromechanical fields and coupling coefficient are analyzed

(5) The effects of rotation on SH waves in MCSs are studied in Chapter 5.
Based on the coupling theory with Coriolis force and centrifugal force, the
propagation characteristics of SH waves in MCSs rotating around a fixed axis are
studied, including the dispersion characteristics, attenuation characteristics and
frequency drift of SH waves. The influence of semiconductor and biasing electric
field on SH waves is also analyzed

(4) SH waves in MCSs with initial stress are studied in Chapter 4. The 

effects of boundary conditions, initial carrier concentration, plate thickness and 

initial stress on SH waves are obtained considering the initial stress. Secondly, the 

effect of initial stress on SH waves under the coupling of magneto-electro-
semiconductor is discussed for the PS/PM bilayer plate and PS/PM layered half-
space.

.

.
(7) Chapter 7 summarizes and anticipates the full work.



Chapter 2

SH-type surface waves propagation
in piezoelectric semiconductor and
piezomagnetic layered half-space

Due to the advantages of low loss, small size, high reliability and flexible design,
SAW devices are widely used in wireless communication, sensing and detection,
etc. At the same time, the research interest of surface waves in layered structures
has been aroused. As mentioned in Chapter 1, in order to develop new
semiconductor acoustic devices, scholars have studied the elastic waves in various
PS structures, including body waves and guided waves in PSs, elastic waves in
layered PSs and PE/semiconductor composite structures. It also includes the study
of the elastic waves of thin layer or thin film covered by semi-infinite substrate
such as PS film/elastic half-space, semiconductor layer/PE half-space, p-type PS
layer/n-type PS half-space.

SH guided waves in SAWs play an important role in non-destructive testing
and structural health monitoring. Miao et al. [156] reviewed the working principle,
application and progress of various SH wave transducers. Mandal et al. [157]
discussed in detail the detection applications of SH wave sensors in biochemistry,
microfluidics and mechanobiology. In recent decades, SH waves propagation has
been extensively studied and applied. SH waves in PSs were analyzed taking into
account initial stresses [88-91,114], surface effects [96] and Schottky junction
effects [116]. In addition to SH waves in PSs, Golub et al. [158,159] studied SH
waves in periodic layered structures containing strip cracks and damaged layers,
respectively. Nonlinear ultrasonic technology has significant advantages in the
detection of material defects. Osika et al. [160] analyzed the nonlinear modes of
SH waves in plates based on the analytical and numerical analysis.

As SH-type waves with only one displacement component and high
sensitivity in liquids and certain frequency ranges, Love waves are widely used in
electronic devices. In 1911, A.E.H. Love [161] first proposed Love waves in
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layered structures composed of isotropic elastic layers and substrate. Since then,
Love waves in different media such as layered PE materials [162,163] and layered
magnetoelectric materials [164-166] has been studied successively.

With the development of better performance and miniaturization of SAW
devices, researchers further explored the influence of flexoelectric effects on Love
waves [167,168]. Attention has also been paid to the propagation of Love waves
in layered half-space with initial stress [169-172], considering the cover layer as a
functionally graded material, and embedding a functionally graded buffer layer
between the cover layer and the substrate [173-175]. In addition, Kielczynski et al.
[176], Billon and Baroudi [177] respectively studied the viscosity of Newton
liquid and the influence of finite thickness viscoelastic fluid loaded on the surface
of viscoelastic waveguide on Love waves. Love waves are suitable for sensing in
liquids to measure the mass density, viscosity and acoustronic properties of
liquids [178]. At the same time, Love waves can also be widely used in
biochemical fields such as cell monitoring [179] and biosensing [180].

In this Chapter, the propagation characteristics of SH-type waves in layered
half-space composed of PSs and PMs are studied. First, for the PS layer/PM half-
space composite structure, the basic equations and phase velocity equations are
obtained based on the coupling theory, and the dispersion equations in the
complex domain are obtained by combining the boundary conditions. The effects
of the initial carrier concentration, cover thickness and material properties on the
SH-waves speed and attenuation are numerically calculated. Second, considering
the PM layer/PS half-space, the open and short circuit boundary conditions, the
first three modes of Love waves in the combination of Terfenol-D/ZnO and
Terfenol-D/CdSe are obtained, and the effects of initial carrier concentration, PM
layer thickness and material properties on the different modes of Love waves are
analyzed.

2.1 SH waves in a piezoelectric semiconductor thin cover
on the piezomagnetic half-space

In this Section, we first consider the PS layer/PM half-space, aiming to reveal the
SH waves propagation in MCSs, and obtain the distribution of electromechanical
fields through the thickness.

2.1.1 Basic equations

Consider a layered composite structure shown in Fig. 2.1, where a thin layer PS
with thickness h is perfectly bonded on a PM half-space substrate. The PS thin
cover and PM substrate are both assumed to be transversely isotropic with their
polarization directions along the x3-axis. The plane strain waves propagate in the
positive x1-axis.
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Piezoelectric semiconductor (PS) layer

O
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Fig. 2.1 The PS/PM half-space layered composite structure

For the small carrier perturbations in the n-type PS layer, the electron
concentration can be represented linearly as n = n0 + n, so it can be solved by
using the linearization theory of Eqs. (1.4) and (1.5).

The anti-plane displacement components, electric potential, magnetic
potential and perturbed carrier concentrations are assumed as:
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u1, u2 and u3 are the elastic displacement components,  is the electric
potential, and ψ the magnetic potential.

The strain-displacement relation and field-potential relations are:
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For a linear transversely isotropic PS and PM polarized along x3-axis, the
material constant matrix can be expressed as:

SH waves

x1
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where c66 = (c11 – c12)/2. The material constant matrix structure fijk is the same as
eijk, and gij, αij, μij and Dij are the same as εij.

By substituting Eqs. (2.1) and (2.2) to the linearized coupled constitutive
equation (1.5), combined with the material constants, the following non-zero
equations can be obtained:
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And then, by substituting the above Eq. (2.4) into the governing equations
(1.4), the coupled wave equations of mechanical displacement u3, electric
potential , magnetic potential ψ, and disturbed carrier concentrations n can be
obtained:
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where 2 2 2 2 2
1 2= +x x     is the 2D Laplace operator in Cartesian coordinates.

The dielectric and permeability constants of air are much smaller than those
of PS and PM, so air can be treated as vacuum. The electric potential and
magnetic potential in vacuum satisfy the Laplace's equations:

2 0 2 00,   0     (2.6)

The second component of electric displacement 0
2D and magnetic flux

intensity 0
2B in vacuum meet the following requirements:
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where the superscript 0 represents the physical quantities in vacuum. ε0 =
8.854×10-12 F/m is the dielectric constant in vacuum, μ0 = 4π×10-7 H/m is the
permeability of vacuum.

The displacement, electric potential and magnetic potential in PM half-space
along positive x2-axis which satisfy the radiation conditions:

2 3  0,   0,   0m m mx u     ， (2.8)

where the superscript m represents the physical quantities in substrate. The
radiation conditions in vacuum are:

0 0
2   0,   0x     ， (2.9)

The top surface of the PS cover is traction-free and open to the vacuum. For
piezoelectric materials with electrical conductivity, as pointed out by Tiersten and
Sham [181], a jump condition containing the current term must be added to
describe discontinuity arising from the real current. Therefore, the mechanical,
electrical and magnetic boundary conditions of the upper surface are:

 
       
     

23 1

0 0
1 1 1 1

0
2 1 2 1 2 1

, 0

, , ,   , ,

, , ,

T x h

x h x h x h x h

D x h J x h D x h

   

 

     

    & &

It is assumed that the perturbed carrier concentrations disappear at the upper
and lower surfaces of the PS layer, which is an additional boundary condition
compared to the piezoelectric insulation material, namely

(2.10)

:
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At the interface between the PS layer and the PM half-space (x2 = 0), the
displacement, stress, potential potential, magnetic potential and current should
also satisfy the following continuity conditions:
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(2.12)
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2.1.2 Solutions of the problem

For the SH waves propagating in the direction x1-axis, we can assume that the trial
solutions of the Eq. (2.5) are:

     
     
     
     

3 1 2 3 2 1

1 2 2 1

1 2 2 1

1 2 2 1

, , exp

, , exp

, , exp

, , exp

u x x t U x ik x ct

x x t x ik x ct

x x t x ik x ct

n x x t N x ik x ct





   
    
    

     

(2.13)

where i is an imaginary number, k is the wave number and c the wave speed.
U3(x2), Φ(x2), ψ(x2), and △N(x2) are the amplitudes of displacement, electrical
potential, magnetic potential and perturbed carrier concentration, respectively. We
assume that the solution to the above amplitudes are:

       
       

3 2 3 2 2 2
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exp ,   exp
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U x A k x x A k x

x A k x N x A k x

 

 




    

     
(2.14)

where A3, AΦ, AΨ and AN are undetermined coefficients, η represents the wave
attenuation rate at the interface x2 = 0. By substituting Eqs. (2.13)-(2.14) into Eq.
(2.5) and eliminating the common exponential factor, the homogeneous linear
equations with the undetermined coefficients A3, AΦ, AΨ and AN can be obtained as:

     
     
     
   

2 2 2 2
44 3 15 15

2 2 2 2 2 2
15 3 11 11

2 2 2 2 2 2
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2 2
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1 1 1 0
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n n
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  

 

 
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

        

    

    

      

(2.15)

For the PS cover, the constants fijk and gij are zero, so the above Eq. (2.15) can
be simplified accordingly. It is observed that the simplified third equation α11k2(η2

– 1)AΨ = 0 can be decoupled from the other three equations. Since AΨ ≠ 0, we
have η = ±1 from the decoupled equation.

In addition, we take the determinant of the 3 × 3 wave amplitude coefficient
matrix. The condition for the existence of non-trivial solutions for A3, AΦ and AN

is that the determinant of their coefficient matrix equals to zero. For a given wave
speed c, six undetermined coefficients η can be obtained. These six roots include
two pairs of complex roots and η = ±1. The values of ηj（j = 1-6）will depend on
wave speed c and wave number k.

Therefore, the amplitude equation (2.14) for the PS layer can be rewritten as:
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where the subscript j ranges from 1 to 8, AΦj is the unknown amplitude, β1j and β2j

are the amplitude ratios which can be determined by the simplified Eq. (2.15):
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Similar to the PS layer, the constants eijk and gij are zero in the PM substrate.
The semiconductor related parameters in the PM half-space will also do not exist,
then the fourth equation of semiconductor in Eq. (2.15) will disappear:
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(2.18)

In the homogeneous linear equation (2.18), the second equation is directly
decoupled from the other two equations to yield ηm = ±1. We need choose ηm = 1
because of the attenuation characteristic at infinity in the positive x2-axis.

To obtain non-zero solutions, the determinant of the coefficients of 3
mA and

mA in Eq. (2.18)1 and Eq. (2.18)3 must be zero. For a given wave speed c, we can
get two pairs of complex roots that are opposite to each other. Similarly, the
radiation condition must be met when x2 → +∞, so only two ηm which are positive
in the corresponding real part are retained (in fact, one of the roots is ηm = 1).

The solutions of displacement, electric potential and magnetic potential in the
PM substrate are:
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where m
jA (j = 1-3) are the amplitudes to be solved, 3

m
j the amplitude ratios

which can be obtained from Eq. (2.18):

 
 

2

2

153
3 2

44

1
= =

1
j

j

mm
jm

j m m m m
j

fA
A c c




 




 
(2.20)

The electric potential and magnetic potential in vacuum satisfy Laplace’s
equation (2.6), and their solutions are:
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2.1.3 The phase velocity equations

By substituting Eqs. (2.13) and (2.16) into constitutive relations (2.4), the
expressions of stress, electric displacement, magnetic flux intensity and current

density in the PS cover can be obtained as (the term  2 1jk x ik x cte e  is ignored for
simplicity) :
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In the PS materials, electric polarization P and effective polarization charge
density ρP are also important electromechanical fields. They can be gotten as:
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Similarly, by substituting Eq. (2.19) into Eq. (2.4), the expressions of stress,
electric displacement and magnetic flux intensity in the PM substrate can be
obtained as follows (the term  1ik x cte  is ignored for simplicity) :
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According to Eqs. (2.7) and (2.21), the electric displacement and magnetic
flux intensity in vacuum can be obtained as (the term  12 ik x ctkxe e  is ignored for
simplicity) :

6 8
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1 7
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With the solutions in Eqs. (2.13), (2.16) and (2.19), physical quantities
expressions (2.22)-(2.25), and then using the boundary conditions and continuous
conditions (2.10)-(2.12), we finally obtain homogeneous linear equations with
respect to unknown amplitudes AΦj (j = 1-8) and m

jA (j = 1-3) as:

[M]N = 0 (2.26)

where N = { 1 2 3 4 5 6 7 8 1 2 3, ,m m mA A A A A A A A A A A          , , , , , , , , }T, and [M] is a
coefficient matrix of 11 × 11. The nonzero elements of [M] are:
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where j = 1-6. To obtain the nonzero solutions of Eq. (2.27), the determinant of
matrix must be zero, that is Det[M] = 0.

Hence, transcendental equations for phase velocity c and wave number k can
be obtained. The obtained wave velocity will be complex numbers, with the real
part represents the phase velocity which is the real propagation speed. The
imaginary part represents the gain or attenuation coefficient. If imaginary part
greater than zero, the wave gain occurs, otherwise the attenuation happens.



2.1 SH waves in a PS thin cover on the PM half-space 25

2.1.4 Numerical results and discussions

Based on the dispersion equation, the propagation characteristics of SH waves in
the composite structure composed of a ZnO PS thin layer and a CoFe2O4 PM half-
space can be obtained by numerical calculation, including the dispersion and
attenuation of SH waves and the electromechanical fields through the thickness.
The material properties of ZnO [79,80] are shown in Table 2.1, and the material
properties of CoFe2O4 [182,183] are shown in Table 2.2.

In the following numerical examples, normalized wave speed m
SH/c c , and

normalized wave number kh are used, where m
SHc represents the propagation

velocity of shear bulk wave of PM material. Unless otherwise specified in the
calculations, it is assumed that h = 100 μm and n0 = 5×1016 m-3.

Table 2.1 Material properties of the PS layer-ZnO[79,80]

c44

(×109 N/m2)
e15

(C/m2)
ε11

(×10-11 C2/Nm2)
11
n

(m2/V)
11
nD

(m2/s)
ρ

(kg/m3)

43 –0.48 7.61 1 0.026 5700

Table 2.2 Material properties of PM substrate-CoFe2O4[182,183]

44
mc

(×109 N/m2)

f15

(N/Am)
11
m

(×10-11 C2/Nm2)
11
m

(×10-6 Ns2/C2)

m
(kg/m3)

45.3 550 8 157 5300

2.1.4.1 Propagation characteristics of SH waves in composite structures

Fig. 2.2 The dispersion and attenuation 3D curves of SH waves in ZnO/CoFe2O4 layered
half-space
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The wave speed of SH waves in ZnO PS layer/CoFe2O4 PM half-space
substrate is complex, so the real and imaginary parts must be discussed separately.
In the numerical examples, the 3D curve of SH waves in the composite structure
as shown in Fig. 2.2 is obtained firstly. The vertical coordinate kh is normalized
wave number, the  m

SHRe /c c and  m
SHIm /c c on the bottom represent the real

part and imaginary part of the wave speed, respectively. As shown in the Fig. 2.2,
SH wave attenuates as the imaginary parts are negative.

Further, the 3D curve is placed on the plane to better observe the changes.
Figure 2.3 shows the real and imaginary parts of the phase velocity. In this case,
the thickness of PS layer h = 100 μm and the initial carrier concentration n0 =
5×1016 m-3 are also fixed.

Fig. 2.3 The real part of phase velocity (dispersion curve) and imaginary part (attenuation
curve)

Figures 2.2 and 2.3 illustrate that the influence of semiconductor properties
cannot be ignored when studying SAWs in PSs, as they cause the waves to be
dispersed and attenuated. In fact, the propagation of elastic waves in PSs not only
causes the change of mechanical and electric fields, but also causes the carriers to
move. The currents and space charges produced by these fields lead to the
dispersion and acoustic loss [31]. Furthermore, carriers migration in PSs will
reduce the piezoelectric potential, resulting in additional energy loss and wave
attenuation [84].

As can be seen from Fig. 2.4(a), phase velocity decreases with the increase of
n0. This result is consistent with the surface waves in the existing pure PSs [79-81]
and PS layered composite structures [106,107], which is easy to understand: the
increase of carrier concentration can enhance the damping of surface waves, and
the interaction between SAWs and carriers will result in energy dissipation,
leading to a decrease in the wave amplitude and thus the decrease of phase
velocity; in semiconductors, charge carriers can screen the electric field associated
with SAWs, and the screening effect becomes more pronounced as carrier
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concentration increases. In addition, there are other effects collectively contribute
to the decrease of wave speed with the increase of initial carrier concentration n0.

Figure 2.4(b) shows that when the wave in the long wave (i.e. the wave
number is small), the attenuation will strengthened to the maximum continuously.
As the wave number continues to increase, the attenuation will become weaker,
and the lowest point of the attenuation will shift to the right with the increase of n0.

Fig. 2.4 Effect of
(a) (b)

n0 on SH wave propagation characteristics: (a) effect of n0 on phase
velocity, and (b) effect of n0 on attenuation

It is observed that the phase velocity and attenuation depend on the PS plate
thickness significantly from Fig. 2.5. Actually, different from SH waves in the
corresponding piezoelectric (PE) plate which is independent of plate thickness,
the Love waves in PS thin film/elastic half-space [106] and SH waves in PS plate
[82] have been proven to be related to the thickness of PS. The difference in the
behavior of SH waves in PE and PS materials concerning thickness dependence is
primarily due to the additional complexities introduced by the semiconductor
properties in the latter. In traditional PE plates, the dominant factor influencing
the wave velocity is the material properties (e.g., elastic and PE constants) and the
electromechanical coupling, rather than the thickness of the plate. In the case of
PSs, the behavior can be more complex.

Fig. 2.5 Effect of plate thickness h on SH wave propagation characteristics: (a) effect of h
on phase velocity, and (b) effect of h on attenuatio

(a) (b)

n
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With the increase of h, the phase velocity of SH wave drops obviously
according to Fig. 2.5(a). This is due to the fact that as h increases, the interaction
between the waves and carriers (holes and electrons) becomes more significant,
leading to changes in dispersion characteristics, including a reduction in the phase
velocity. Besides, from a more understandable perspective, the thicker the PS
layer means that there will be relatively more carriers transport behavior, which
will cause more energy loss, resulting in a decrease in phase velocity and a shorter
wave propagation distance.

The variation of attenuation in Fig. 2.5(b) is not monotonous like in Fig.
2.4(b), it is initially increased to the maximum and subsequently decreased.

(a)
Fig. 2.6 Effect of piezoelectric constant e15

effect of

(b)
on SH wave propagation characteristics: (a)

e15 on phase velocity, and (b) effect of e15 on attenuation

Figure 2.6 show that the effect on the real part is bigger than the effect on the
imaginary part. Among the three e15, – 0.48 C/m2 is the real PE constant of ZnO.
In fact, if the material of the PS layer is replaced, other material properties will
also change, not just the PE constants. It is important to note that there are various
PE constants associated with different types of deformations, and the commonly
used PE constants include: e31, e33 and e15. Here, only the PE constant e15, which
characterizes the shear deformation response, is related to SH waves, so only e15 is
changed to study its effect on wave propagation.

According to Fig. 2.6(a), we can see that the phase velocity of the SH wave
increases with the increase of the absolute value of e15. This is because a larger
absolute value of e15 signifies a strong shear piezoelectric response.
Mathematically, the shear bulk wave phase velocity of the PS layer is

 2
SH 44 15 11/ /c c e    . Therefore, with the increase of the absolute value of e15,

cSH will also increase, which can be regarded as one of the important reasons for
the increase of phase velocity in this structure.

It is conceivable that a suitable PS material (suitable e15 value) can be selected
to achieve the regulation of SH waves.
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(a) (b)
Fig. 2.7 Effect of piezomagnetic constant f15 on SH wave propagation characteristics: (a)
effect of f15 on phase velocity, and (b) effect of f15 on attenuation

According to Fig. 2.7, it is found that when the value of PM constant f15

changed in substrate, the three curves coincide completely. There is almost no
influence on the real or imaginary part of the SH wave. Among the three f15, 550
N/Am is the PM constant of CoFe2O4. As with the study of the effect of e15 above,
the other two values are assumptions (not f15 values for real PM materials) for
comparative study.

Combined with Figs. 2.4-2.7, it is not difficult to find that both the phase
velocity and attenuation of SH wave change more apparent when kh is small (i.e.
long wavelength). This is physically correct. In general, with long waves, the
waves involve a larger scale range, so the propagation characteristics of the waves
are also more susceptible to the material properties and external factors.
2.1.4.2 Physical quantities distributed through the thickness
(1) The electromechanical fields (real part) distribution along thickness

Based on the dispersion relation, the electromechanical fields distribution
through the thickness are obtained. Since the wave speeds are complex, all the
physical quantities obtained are also complex domains. The distributions of the
real and imaginary parts along thickness can be obtained, respectively.

The unknown amplitude AΦ1 = 10-3 m is assumed and kh is set to 5 in the
calculations. Besides, normalized horizontal axis x2/h is used in below figures. In
the x-coordinate region, –1 ≤ x2 ≤ 0 represents the PS overlay, while x2 ≥ 0 is the
PM substrate.

(a) (b)
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(c) (d)

(e) (f)

(g)

Fig. 2.8 Electromechanical fields (real part) distributed through the thickness at differen

(h)

t
n0 (kh = 5): (a) displacement, (b) stress, (c) electric potential, (d) magnetic potential, (e)
electric displacement, (f) magnetic flux density, (g) electric polarization, and (h) effective
polarization charge density

In Figs. 2.8(a)-2.8(f), it can be seen that the displacement, stress, electric
potential, magnetic potential, electric displacement and magnetic flux density
gradually approach zero through the thickness, which are accord with the
radiation conditions in the substrate. As shown in Fig. 2.8(b), the leftmost end of
stress is zero, conforming to the traction-free condition of the top surface.

Figures 2.8(g) and 2.8(h) represent the electric polarization and effective
polarized charge density distribution, respectively. Since the two physical
quantities only exist in the PS layer, the PM substrate is not reflected and only the
PS layer is drawn.
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(b(a) )

(d(c) )

(e) (f)

(g)
Fig. 2.9 Electromechanical fields (imaginary part) distributed through the thickness a

(h)
t

different n0 (kh = 5): (a) displacement, (b) stress, (c) electric potential, (d) magnetic
potential, (e) electric displacement, (f) magnetic flux density, (g) electric polarization, and
(h) effective polarization charge density
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(2) The electromechanical fields (imaginary part) distribution along thickness
The imaginary parts of displacement, stress, electric potential, magnetic

potential, electric displacement and magnetic flux density in Figs. 2.9(a)-2.9(f)
also tend to zero along the thickness similar to the real parts in Figs. 2.8(a)-2.8(f),
which are also conform to the radiation condition.

Figure 2.9(a) appears yielding points at the contact interface, while stress,
electric potential, magnetic potential, electric displacement and magnetic flux
density in Figs. 2.9(b)-2.9(f) have their minimum values near the interface.

In Figs. 2.9(g)-2.9(h), the electric polarization and effective polarization
charge density will increase with the increase of n0. Meanwhile, the carriers in the
PS layer are transported and redistributed.

Figures 2.8(d) and 2.9(d) represent the imaginary and real parts of magnetic
potential, and Figs. 2.8(f) and 2.9(f) are the imaginary and real parts of magnetic
flux intensity. As can be seen from the four figures, n0 has little influence on
magnetic related physical quantities, especially on the real parts. This is because
the carrier affects the electric field directly through semiconductor and PE
coupling, while its influence on PM is indirect which needs to be realized through
ME coupling effect.
(3) Effects of piezoelectric and piezomagnetic constants on magnetic potential
distribution

The influences of PE constant and PM constant on the SH waves are analyzed
above. It is necessary to further study their influences on the magnetic potential
distribution. Figures 2.10 and 2.11 show the distribution of magnetic potential
through the thickness under different e15 and f15, respectively.

(a)
Fig. 2.10 Magnetic potential distributed through the thickness under different e1

(b)
5 (kh = 5):

(a) real part, and (b) imaginary part

From Fig. 2.10, it can be seen that the effect of e15 on the distribution of the
real and imaginary parts of magnetic potential are very small and negligible, and
the slight change can be only seen at the very close to the interface. This is
because the e15 has a direct effect on the electric potential, while the effect on the
magnetic potential is indirectly realized through the ME coupling effect.



2.1 SH waves in a PS thin cover on the PM half-space 33

(a)
Fig. 2.11 Magnetic potential distributed through the thickness under different f1

(b)
5 (kh = 5):

(a) real part, and (b) imaginary part

As shown in Fig. 2.11(a), the f15 also has little influence on the real part of the
magnetic potential like the effect of e15. However, its influence on the imaginary
part is obvious according to Fig. 2.11(b), which is quite different from Fig.
2.10(b). No matter how big f15 is, the real and imaginary parts tend to zero with
depth and the imaginary part of magnetic potential on the upper surface is zero.
(4) The distribution of displacement at different times

The above electromechanical fields are all at the time of t = 0. Displacement
is selected as an example to analyze the distribution at different times. By
selecting time ωt = 0, ωt = π/2, ωt = π and ωt = 3π/2, the distribution of u3 at four
different times can be obtained, respectively.

Fig. 2.12 Displacement distributed along the thickness for a different time ωt (kh = 5): (a)
real part, and (b) imaginary par

(a) (b)

t

It can be observed from Fig. 2.12 that both the real and imaginary parts of
displacement are symmetric about the horizontal axis of Re(u3) = 0 at ωt = 0 and
ωt = π. The displacement distribution at ωt = π/2 and ωt = 3π/2 are similarly 

symmetric. In addition, it is found that the distribution of real and imaginary parts 

at ωt = 2π coincide with ωt = 0, indicating that the displacement is distributed 

periodically at 2π. It should be pointed out that the distribution of other physical
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quantities are also distributed with the period of 2π which are not repeated for
simplification.

2.2 Love waves in a layered piezomagnetic/piezoelectric
semiconductor half-space

In this Section, the propagation characteristic of Love waves in a layered PM/PS
half-space with different boundary conditions and material combinations are
discussed. Combined with the numerical results, the effects of initial carrier
concentration, PM layer thickness and material properties on the wave speed and
attenuation are systematically analyzed.

2.2.1 Statement of the problem

Consider a n-type PS half-space covered with a PM layer of thickness h shown in
Fig. 2.13. Both materials possess the transversely isotropic behavior and are
perfectly bonded along the interface. The poling directions are both along the x3-
axis.

x

PS half-space

PM layer

Love waves x3

Oh

x2

x1

We consider the Love waves propagating along the

Fig. 2.13 A piezomagnetic (PM)/piezoelectric semiconductor (PS) layered half-space

x1-axis and small
perturbations in the n-type PS substrate. Therefore, the basic equations in this
Section (governing equations, constitutive relations and geometric relations, etc.)
are the same as in the previous Section and will not be repeated. The coupled
wave governing equation which is consistent with Eq. (2.5) can also be obtained.

The electric and magnetic potential, electric displacement and magnetic
induction in vacuum satisfy the same conditions as Eqs. (2.6)-(2.7). In addition,
due to the exchange between the cover layer and the substrate compared with Fig.
2.1, the radiation conditions are slightly changed:

h
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where the superscript b and 0 denote the physical quantities in base and vacuum,
respectively. The top surface of the PM layer is traction free, that is:

 23 1, 0T x h  (2.29)

Two kinds of the electric-magnetic boundary conditions at the free surface (x2

= –h) will be considered.
(i) the electrically and magnetically open case (denoted by BC1)

   2 1 1, 0,   , 0D x h x h    (2.30)

(ii) the electrically and magnetically short case (denoted by BC2)

   2 1 1, 0,   , 0B x h x h    (2.31)

The continuous conditions at the interface (x2 = 0) can be written as:
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2.2.2 Solutions of the problem

Since the basic equations in this Section are the same as those in the previous
Section, the homogeneous linear equations for the undetermined coefficients A3,
AΦ, AΨ and AN can be obtained exactly as in Eq. (2.15). Considering the
interchanges between overlay and substrate, it is necessary to reformulate their
complete solutions.

The solutions for displacement, potential and magnetic potential in the PM
cover can be written as:
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(2.33)
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where β1m (m = 1-4) represent the amplitude ratio. AΨm, AΨ5, and AΨ6 are unknown
amplitudes. For given wave speed, the Eq. (2.18) gives six roots of ηm.

In the same way, the complete solution of the PS substrate can be obtained:

   

   

1 12 2

1 122

9 9

3 2
7 7

9

10 3
7

,  

, 

b b
s s

b
s

ik x ct ik x ctk x k xb b b b b
s s s

s s

ik x ct ik x ctk xkxb b b b b
s s

s

u A e e A e e

A e e n A e e

 



 

 

  
 

 

 
 



 

  

 


(2.34)

where 2
b
s and 3

b
s (s = 7-9) represent the amplitude ratio. b

sA and 10
bA are

unknown amplitudes. By setting fijk and gij to zero from Eq. (2.15), eight ηb are
obtained, which are two positive and negative complex roots and two ηb = ±1.
Due to the radiation conditions, only four ηb with positive real parts are retained.

The electric and magnetic potential in vacuum are:
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2.2.3 Dispersion equations

(1) Phase velocity equations of each layer
By substituting Eq. (2.33) to the constitutive equation (2.4), the expressions of

stress, electric displacement and magnetic induction intensity in the PM layer can
be obtained (the  1ik x cte  term is uniformly omitted):
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Similarly, by substituting Eq. (2.34) into Eq. (2.4), expressions in the PS
substrate (also omitting the  1ik x cte  term) can be obtained:
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In addition, according to Eqs. (2.7) and (2.35), the electric displacement and
magnetic induction in vacuum are (  12 ik x ctkxe e  term omitted):

6 4
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5 1
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m m
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 

    ， (2.38)

(2) Dispersion equations
Therefore, by substituting Eqs. (2.36)-(2.38) to boundary conditions and

continuous conditions (2.29)-(2.32), the dispersion equation of this model can be
obtained:

[N]A = 0 (2.39)

where A = { 1 2 3 4 5 6 7 8 9 10,b b b bA A A A A A A A A A         , , , , , , , , }T, [N] is a 10×10
coefficient matrix. For the boundary condition BC1, the non-zero elements
of its coefficient matrix [N] are:
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where m = 1-4 and s = 7-9. In order to obtain non-zero solutions to the Eq.
(2.39), the determinant of its coefficients must be zero, that is, Det[N] = 0.

In addition, for the BC2 case, row nine and row ten in matrix [N] are N9,6 =
exp(–kh) (N9,5 in the row nine is unchanged), N10m = (f15β1m – α11)ηmexp(khηm).
The remaining rows are left unchanged simultaneously, then the dispersion
equation at BC2 can be obtained.

2.2.4 Numerical results

For the BC1 and BC2, Terfenol-D and ZnO are considered as the PM layer and
PS substrate in numerical examples, and the Terfenol-D/CdSe is selected for
comparison. Their material properties are listed in Table 2.3. The electrical
conductivity of Terfenol-D is not taken into account. Unless particularly stated,
the Terfenol-D/ZnO with BC1 is considered. In addition, the PM layer thickness
is h = 0.1mm, and the initial carrier concentration n0 = 5×1016/m3.
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Table 2.3 The properties of Terfenol-D[165] and CdSe[103]

Material constants Terfenol-D[165] CdSe[103]

ρ (kg/m3) 9230 5504

c44 (109 N/m2) 5.99 13.2

ε11 (10-11 C2/Nm2) 5 8.26

f15 (N/Am) 167.66 /

α11 (10-6 Ns2/ C2) 3.97 /

e15 (C/m2) / –0.138

μ11 (m2/V) / 4

D11 (m2/s) / 0.104

In the calculations, phase velocity and wave number are normalized as / b
shc c

and kh. 1190.00m sshc  is the shear wave velocity of Terfenol-D, and
b
s

is 1562.10m/s)
c h  2841.66m s is the shear wave velocity of ZnO half-space (the cs

b
h of CdSe

.
The magneto-electromechanical coupling factor for surface waves can be

defined as [164]:

      
2

open short open2k c c c  (2.41)

where c(open) and c(short) are the wave speed of the mth mode at magneto-
electrically open and shorted cases, respectively.
2.2.4.1 Propagation characteristics of Love waves in a PM/PS layered half-
space
(1) Propagation characteristics of Love waves under different boundary

The propagation of Love waves in PM/PS layered half-space under the
electrically and magnetically open case (BC1) is first studied. It should be noted
that in addition to considering the influence of boundary conditions on the Love
waves, the open case is considered in the rest parts.

Figure 2.14 shows the first five modes of Love wave propagation in Terfenol-
D/ZnO layered half-space under BC1. The trend of dispersion curves of the first
five modes in Fig. 2.14(a) is similar to that in [162,163,165,166], which confirms
the correctness and reliability of the numerical calculation. Each mode has a lower
cutoff value of kh. The wave velocities start from the bulk shear wave velocity in
ZnO and tend to the bulk shear wave velocity in Terfenol-D. In addition, it is
found from Fig. 2.14(a) that the wave speed for each mode monotonically
decreases with the increase of kh, and the wave speed decreases with increasing
mode order.
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Fig. 2.14 The first five modes of Love waves in the Terfenol-D/ZnO layered half-space
with open condition: (a) dispersion curves with open condition, and (b) attenuation curves
with open conditio

(a) (b)

n

Due to the semiconductor properties in the PS substrate, the attenuation
characteristics in Fig. 2.14(b) are not present in the Love waves of PE or ME
layered structures [162-166]. Besides, due to the coupling of PM characteristic in
the MCS structure, the attenuation of Fig. 2.14(b) are not completely consistent
with the Love waves in the PS film/elastic dielectric half-space without PM [106].
It can also be seen from Fig. 2.14(b) that the attenuation decreases continuously
from the lower modes to the higher modes.

Fig. 2.15 The first three modes of Love waves in the Terfenol-D/ZnO layered half-space
with open and short conditions: (a) dispersion curves with different boundary conditions,
and (b) attenuation curves with different boundary condition

(a) (b)

s

To check the influence of boundary conditions on Love waves, the dispersion
curves and attenuation curves in the Terfenol-D/ZnO layered half-space under
BC1 and BC2 are presented in Fig. 2.15. The three solid lines represent the results
of the open boundary, while the three dots are marked for the short case. It is
worth noting that since the curves of first three modes already illustrate the
situation, it is not necessary to plot the first five modes as shown in Fig. 2.14.
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It can be observed that the trend of dispersion and attenuation curves in Fig.
2.15 are the same under BC1 and BC2, but the wave speed and attenuation with
open case are correspondingly smaller than those with short case.

Fig. 2.16 Magneto-electromechanical coupling factors of the first three modes

Based on the wave speeds of open and short case in Fig. 2.15, the magneto-
electromechanical coupling factors k2 of the first three modes shown in Fig. 2.16
can be further obtained according to Eq. (2.41). Under the same wave number, the
k2 of the second and third modes are obviously larger than that of the first mode.
In addition, k2 first decrease to the minimum and then increase with kh increasing
in all three modes.
(2) Propagation characteristics of Love waves in different material
combinations

Considering two different PS substrate, we obtained the propagation
characteristics of the first three modes of Love waves in Terfenol-D/ZnO and
Terfenol-D/CdSe shown in Fig. 2.17. From the lower modes to the higher modes,
the wave speed and attenuation will decrease.

(b(a) )
Fig. 2.17 The first three modes of Love waves in the Terfenol-D/ZnO & Terfenol-
D/CdSe layered half-space: (a) dispersion curves comparison of two PM/PS layered half-
spaces, and (b) attenuation curves comparison of two PM/PS layered half-spaces
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Figure 2.17(a) shows that the wave speeds of Love waves in Terfenol-D/ZnO
composite structure are relatively smaller. In Fig. 2.17(b), the imaginary parts of
each mode in Terfenol-D/ZnO are correspondingly smaller than those in Terfenol-
D/CdSe, indicating that Love waves attenuate more obviously in the former. The
Terfenol-D/ZnO combination will be considered in the following calculations.
2.2.4.2 Effect of initial carrier concentration on Love waves propagation

Steady-state carrier concentration is one of the important parameters of
semiconductor materials. It has been proved that the steady-state carrier
concentration has a great influence on the propagation of SAWs. Semiconducting
properties reduce the propagation speed and cause attenuation.

Different from the above structures, the PS material is used as the substrate in
this Section, and the Love waves mainly propagate in the PM layer. Therefore, the
influence of ZnO semiconducting properties on Love waves is indirect rather than
direct. Figure 2.18 and Fig. 2.19 show the influence of the initial carrier
concentration n0 on the first and second modes of Love waves. According to Figs.
2.18(a) and 2.19(a), n0 has little effect on the wave speed of the first and second
modes. After local amplification, it can be seen that the wave speed decreases
with the increase of n0 (the change is too small to be ignored), which is similar to
the results in the mentioned PS structures.

(a)
Fig. 2.18 Effect of

(b)
n0 on first mode of Love waves in Terfenol-D/ZnO layered half-space:

(a) effect of n0 on wave speed, and (b) effect of n0 on attenuation

(a)
Fig. 2.19 Effect of

(b)
n0 on second mode of Love waves in Terfenol-D/ZnO layered half-

space: (a) effect of n0 on wave speed, and (b) effect of n0 on attenuation
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In Fig. 2.18(b), the change of n0 has a certain effect on the attenuation of the
first mode of Love waves. However, Fig. 2.19(b) indicates that n0 has almost no
influence on the attenuation of second modes.
2.2.4.3 Effect of piezomagnetic layer thickness on Love waves propagation

Like the Love waves in the PS thin film on an elastic dielectric half-space
[106], Figure 2.20 shows that the wave speed depend significantly on the PM
layer thickness h. With the increase of h, the wave speed will decrease, especially
when the thickness changes from h = 0.1mm to h = 0.2mm (blue and red lines in
Figs. 2.20(a) and 2.20(b)). It can be observed that the wave speed changes for the
second mode in Fig. 2.20(b) are more obvious.

(a)
Fig. 2.20 Effect of h on the first mode and second mode wave speeds of Love waves: (a)
effect of h on wave speed of the first mode, and (b) effect of h on wave speed of the
second mode

2.2.4.4 Effects of piezoelectric constant and piezomagnetic constant on Love
waves propagatio

(b)

n
Figure 2.21 and Fig. 2.22 show the influence of piezoelectric (PE) constant e15

in ZnO substrate on the first two modes in the layered half-space. It can be seen
that the trends of dispersion and attenuation curves in Fig. 2.21 and Fig. 2.22 are
similar, only the values change.

(a)
Fig. 2.21 Effect of

(b)
e15 on the first mode of Love waves: (a) effect of e15 on the wave

speed of first mode, and (b) effect of e15 on the attenuation of first mode
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In the numerical examples, e15 is selected as –0.28C/m2, –0.48C/m2 and –
0.68C/m2, respectively (where e15 = –0.48C/m2 is the real PE constant of ZnO).
According to Fig. 2.21(a), e15 has little effect on the wave speed, and only slight
changes can be seen through local amplification. It is also found from Fig. 2.21
that the wave speed and attenuation decrease with the increase of e15. In Fig. 2.22,
the second mode of the Love waves has the same trend as the first mode, so it will
not be discussed again.

(a)
Fig. 2.22 Effect of

(b)
e15 on the second mode of Love waves: (a) effect of e15 on the wave

speed of second mode, and (b) effect of e15 on the attenuation of second mode

Figure 2.23 shows the dispersion curves of the first two modes with three
different piezomagnetic (PM) constant f15. Unlike the PE constant e15 in Figs.
2.21(a) and 2.22(a), we can find that PM constant f15 has an obvious effect on
wave speed. In addition, the trends of the first mode in Fig. 2.23(a) and the second
mode in Fig. 2.23(b) are also similar. In Fig. 2.23, f15 is 100N/Am, 167.66N/Am,
and 200N/Am, respectively (where f15 = 167.66N/Am is the PM constant of
Terfenol-D). It can be concluded that the wave speed will decrease with the
increase of f15 at the same kh. At the same time, the decrease is more obvious
when kh is small (long wavelengths) than kh is large (short wavelengths).

Fig. 2.23 Effect of
(a) (b)

f15 on the first mode and second mode wave speeds of Love waves: (a)
effect of f15 on the wave speed of first mode, and (b) effect of f15 on the wave speed of
second mode
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In this study, the cover layer of MCS is PM material, and its PM constant f15

has a direct effect on the Love waves. As the semi-infinite substrate, the PE
constant e15 has an indirect effect on the Love waves, which needs to be
influenced by magnetoelectric coupling effect. Therefore, the influence of
magnetically related f15 in the cover on Love waves is significantly greater than
that of piezoelectricity related e15 and semiconductor related n0 in the substrate.

2.3 Summary

In this Chapter, the dispersion equations of SH-type surface waves in PS/PM
layered half-space are derived. The effects of semiconductor properties, cover
thickness and material properties on the dispersion and attenuation of surface
waves are discussed. Two models are studied in this Chapter: SH waves
propagation in PS/PM half-space and Love waves propagation in PM/PS half-
space. For the first study, the conclusions are as follows:

(1) The increase of initial carrier concentration, cover thickness and PE
constant will make the wave speed smaller, while the change of PM constant has
little effect on the wave speed and attenuation.

(2) The initial carrier concentration has a great influence on the distribution of
mechanical field and electrical related physical quantities, while the influence on
magnetic related physical quantities is indirect and small. The effect of the PE
constant on the magnetic potential is negligible, and only a slight change can be
seen near the interface.

For the study of Love waves in PM/PS half-space, the following conclusions
can be drawn:

(1) The wave speed and attenuation of the first three modes of the Love waves
in the open circuit are smaller than that in the short case of the corresponding
mode. The first three mode wave speeds of Terfenol-D/ZnO are correspondingly
smaller than those of Terfenol-D/CdSe, but the attenuation of Love waves in the
former is more obvious than that in the latter.

(2) Under the same wave number, the wave speed decreases significantly with
the increase of the PM layer thickness, especially in the second mode.

(3) The wave speed decreases with the increase of initial carrier concentration,
PE constant and PM constant. The effect of PM constant on the wave speed of the
first and second modes is obvious.



Chapter 3

Love waves and Rayleigh waves in
a piezomagnetic/piezoelectric/semi-
conductor composite structure

In recent years, tube, belt, spiral, fiber and thin film [9-11] ZnO nanostructures
with large PE effect have been synthesized. However, the PSs have a low electro-
mechanical coupling coefficient compared with the PE medium without
semiconductor effect and low carrier mobility compared with some
semiconductor materials without PE characteristics, making it unable to meet the
development needs of functional devices. As mentioned in the Introduction,
composite structures composed of PE and non-piezoelectric semiconductors can
also achieve mechanical-electric-carrier coupling, thus exhibiting similar or even
better performance than single PSs [103-105,127,128].

On the other hand, in the field of ferromagnetic materials, two-phase
composites with magnetoelectric effects can usually be divided into 0-3 type, 2-2
type and 1-3 type. Specifically, the 0-3 structures are composed of PE and
magnetic oxide particles, 2-2 are layered magnetoelectric structure composed of
PE and magnetic oxide particles, and 1-3 are embedment of one phase fiber into
another phase matrix [184]. Generally, the 2-2 layer composite structures are the
most convenient to prepare and easy to obtain greater magnetoelectric effect, so
this structure has been widely studied.

Silicon as the main semiconductor material of electronic devices, the reason is
that people have long mastered the low-cost, high-volume manufacturing, low-
defect and high-purity monocrystalline silicon technology and various process
technologies for its semiconductor processing. Silicon is usually used as
substrates in the product. In this Chapter, Si is selected as the semiconductor
substrate, Terfenol-D and CoFe2O4 as the PM layer, and BaTiO3, PZT-4 and PZT-
5H as the PE layer, so as to realize different material combinations. The influenc-
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es of PM and PE materials on Love waves and Rayleigh waves in layered
structures were investigated.

3.1 Statement of the problem and basic equations

Consider the PM/PE/semiconductor three-layer composite structure as shown in
Fig. 3.1, where the covering layer is a PE medium with thickness h1 and a PM
material with thickness h2, and the substrate is n-type semiconductor. The
Interface 1 and Interface 2 are perfectly connected.

Since the thickness of the substrate is much greater than that of the two
covering layers, the substrate can be regarded as a semi-infinite space.The region
with – h ≤ x2 ≤ 0 is the covering layer, while the region with x2 > 0 is the substrate.

Both Love and Rayleigh waves propagate along the x1-axis, and the
polarization direction of all the materials are along the x3-axis.

x1

SAWs

Substrate Si

O

Layer 2 piezomagnetic

Layer 1 piezoelectrich1

h2

h

Interface 1

Interface 2

x2
Fig. 3.1 The piezomagnetic/piezoelectric/semiconductor composite structure

As in Chapter 2, smaller carrier perturbations are considered, so the linearized
macroscopic theory can be used. It is assumed that the displacement components,
electric potential, magnetic potential and carrier concentration perturbation of
surface waves are:
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(3.1)

where u1, u2 and u3 are displacement components. Love waves have only one dis-
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placement component, that is u3, and the other two displacement components
should be considered when studying Rayleigh waves.  and ψ denote the electric
potential and magnetic potential. n is the small carrier concentration perturbation.

3.1.1 Fundamental equations of piezomagnetic layer

For PM materials, the equilibrium equations regardless of body force and initial
stress are:
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where the superscript m represents the material properties and field quantity in the
PM layer. The constitutive equations of PM layer are as follows:
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where m
ijklc , m

ijkf , m
ij and m

ij are the elastic constant, PM constant, dielectric

constant and permeability of the PM material, respectively.
The generalized geometric relations are:
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By substituting Eqs. (3.1), (3.3) and (3.4) into the governing equation (3.2),
the coupled wave equations of the PM covering layer can be obtained:
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where 2 2 2 2 2
1 2= +x x     is the Laplacian operator in Cartesian coordinates.
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3.1.2 Equations of piezoelectric semiconductor layer

The constitutive equations of PE overlay are:
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where the superscript e denotes the material properties and field quantity in the PE
layer.

The equilibrium equations and geometric relations of PE layer are the same as
those of PM layer. Combined with the constitutive equation (3.6), we can obtain
the coupled wave equations of the PE layer:
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3.1.3 Equations of semiconductor substrate

The equilibrium equations in the semiconductor substrate, excluding body force
and initial stress, can be expressed as:
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where the superscript s denotes the material properties and field quantity in the
semiconductor substrate.

The constitutive equations of semiconductor material are as follows:
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Eq. (3.9)3 is the current equation of the semiconductor. μij and Dij are the m-
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obility and diffusion coefficient of the carrier, respectively. They satisfy the
Einstein relation that Dij/μij = kB/Tk ≈ 0.0259 V, where kB and Tk are Boltzmann
constant and absolute temperature, respectively.

Similarly, the coupled wave equations for the substrate can be obtained:
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3.1.4 Boundary conditions and continuity conditions

When x2 → +∞, the displacement, potential and perturbation carrier concentration
of substrate tend to zero. Similarly, as x2 → –∞, the electric and magnetic
potential in the vacuum also tend to zero as the radiation condition:
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where the superscript 0 represents the physical quantity in vacuum.
On the free surface of the PM covering layer, there are:
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Assuming that the disturbed carrier concentration disappears on the upper
surface of the semiconductor and the two interfaces are perfectly connected, the
disturbed carrier concentration and continuity conditions at x2 = 0 (Interface 1) are:
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In addition, the continuity condition at x2 = –h1 (Interface 2) is:
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3.2 Solutions of the problem and dispersion equations

3.2.1 Solutions of each layer
(1) Solution of the PM layer

We assume that the solution of the PM coupled wave equation (3.5) is:
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where 1
mA , 2

mA , 3
mA , mA , and mA are unknown amplitudes. ηm is the

undetermined parameter, k is the wave number, c is the wave speed, and i is the
imaginary unit.

Substituting Eq. (3.15) into Eq. (3.5), a homogeneous linear system of
undetermined coefficients 1

mA , 2
mA , 3

mA , mA and mA can be obtained:

   
   
   

 
   

2

2

2 2

2

2 2

2
11 66 1 12 66 2

2
12 66 1 66 11 2

2
44 3 15

15 3 11

0

0

1 1 0

1 0

1 1 =0

m m m m m m m m m

m m m m m m m m m

m m m m m m m

m m

m m m m m m

c c c A i c c A

i c c A c c c A

c c A f A

A

f A A

  

  

  



  







    

    

      

 

  

(3.16)

Eq. (3.16)4 is decoupled from the other four equations to get ηm = ±1. In
addition, Eq. (3.16)1 is coupled to Eq. (3.16)2. Eq. (3.16)3 and Eq. (3.16)5 are
also coupled, but the two sets of equations are not coupled to each other. In order
to obtain nontrivial solutions for 1

mA , 2
mA , 3

mA and mA , the determinants of the
coefficients of the two sets of equations are zero, respectively. Thus, the complete
solution of the PM layer can be written as:
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where 2
m
jA (j = 1-4) and m

jA (j = 5-8) are the amplitude (it is worth noting that the

range of j will be adjusted according to the dispersion equation). 1
m
j and 2

m
j

are amplitude ratios, which can be obtained from the simplified Eq. (3.16) :
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(2) Solution of the PE layer
Similarly, we can obtain homogeneous linear equations for the undetermined

coefficients 1
eA , 2

eA , 3
eA , eA and eA in the PE layer:
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By decoupling Eq. (3.19)5 from the other four equations, ηe = ±1 is obtained.
In addition, in order to obtain non-trivial solutions for 1

eA , 2
eA , 3

eA and eA , the
coefficients of the two sets of decoupling equations (3.19)1, (3.19)2 and (3.19)3,
(3.19)4 are zero, respectively. Thus, the complete solution of the PE layer can be
expressed as:
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where 2
e
jA (j = 1-4) and e

jA (j = 5-8) are the amplitude to be obtained. 1
e
j and

3
e
j are amplitude ratios, which can be obtained from the Eq. (3.19).

(3) Solution of the semiconductor substrate
Similarly, a homogeneous linear system of undetermined coefficients 1

sA ,

2
sA , 3

sA , sA and s
NA in the semiconductor half-space can be obtained as:
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Eq. (3.21)3 is decoupled from the other four equations to give
2

441s s sc c    , and because of the radiation properties, there is
2

5 441s s sc c   . In order to obtain the non-zero solution, the determinant of

the coefficients of the remaining four equations of the Eq. (3.21) must be zero,
and eight ηs can be obtained, which are the positive and negative complex roots of
the four pairs. Due to the radiation conditions, only 4 ηs with positive real parts
are retained.

The complete solution of the semiconductor substrate can be obtained as:
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where 2
s
jA (j = 1-2) and s

jA (j = 3-4) are the amplitude to be obtained. 1
s
j and

2
s
j are amplitude ratios, which can be obtained from Eq. (3.21).

By substituting the solutions of PM layer Eq. (3.17), PE layer Eq. (3.20) and
semiconductor layer Eq. (3.22) to the corresponding constitutive equations (3.3),
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[N]A =

(3.6) and (3.9), respectively, the physical quantity expressions of each layer can 

be obtained in Appendix A.3.1-A.3.3 of Chapter 3.

3.2.2 Dispersion equations

By substituting the physical quantity expressions of each layer to the boundary 

conditions and continuous conditions (3.12)-(3.14), we can get the total of 25 

homogeneous linear equations with unknown amplitudes about A2
m
j (j = 1-4),

A
m
j (j = 5-8), A

m
j (j = 9-10), A2

e
j (j = 11-14), A

e
j (j = 15-18), A

e
j (j = 19-20),

A2
s
j (j = 21-22), A

s
j (j =23-24) and A3

s
j (j =25), which can be expressed as:

0 (3.23)

3.3 Numerical results and discussion

where [N] is a 25 × 25 coefficient matrix, the non-zero elements of which are 

given in the Appendix of this Chapter as (A.3.4a) and (A.3.4b).

s

In this Section, the propagation characteristics of Love and Rayleigh waves in
PM/PE/semiconductor three-layer structures will be discussed in detail. In the
calculation, the Terfenol-D/BaTiO3/Si structure is considered by default, and the
PM material CoFe2O4, PE materials PZT-4 and PZT-5H are selected for
comparison. Specifically, four material combinations are considered, namely:
Terfenol-D/BaTiO3/Si, CoFe2O4/BaTiO3/Si, Terfenol-D/PZT-4/Si, and Terfenol-
D/PZT-5H/Si.

Among them, the first and the second combination only replace the PM layer,
which aims to study the influence of PM material on the surface waves of the
composite structure, while the third and fourth material combination can explore
the influence of PE layer on the waves compared with the first combination that
changes the PE layer material.

Table 3.1 shows the main parameters of the two PM materials. It is worth
noting that although the parameters of CoFe2O4 and Terfenol-D have been given
in Table 2.2 and 2.3 respectively, more material parameters will be used in this
Chapter, so it is listed again in combination with other literature. Table 3.2 lists
the material properties of PE materials and Si (the superscripts m, e and s are
uniformly omitted, and the csh in the last row is the shear bulk wave velocity).

Table 3.1 Material properties of Terfernol-D[165,185,186] and CoFe2O4[182,183]

Material constants Terfenol-D[165,185,186] CoFe2O4[182,183]

ρ (kg/m3) 9230 5300

c11 (109 N/m2) 8.541 286

c12 (109 N/m2) 0.654 173
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c13 (109 N/m2) 3.91 170.5

c33 (109 N/m2) 28.3 269.5

c44 (109 N/m2) 5.99 45.3

ε11 (10-11 C2/Nm2) 5 8

ε33 (10-11 C2/Nm2) 5 9.3

f15 (N/Am) 167.66 550

f31 (N/Am) –5.7471 580.3

f33 (N/Am) 270.1 699.7

α11 (10-6 Ns2/ C2) 8.644 157

α33 (10-6 Ns2/ C2) 2.268 157

csh (m/s) 1190 2985.08

Table 3.2 Material properties of BaTiO3/PZT-4/PZT-5H /Si[19,70,165,183,187-189]

Material constants BaTiO3[183] PZT-4[165,183] PZT-5H[187,188] Si[19,70,189]

ρ (kg/m3) 5800 7500 7500 2332

c11 (109 N/m2) 166 138.5 126 165.7

c12 (109 N/m2) 77 77.37 79.5 63.9

c13 (109 N/m2) 78 73.64 84.1 63.9

c33 (109 N/m2) 162 114.75 117 166

c44 (109 N/m2) 43 25.6 23 79.56

ε11 (10-9 C2/Nm2) 11.2 6.46 15.05 10.45

ε33 (10-9 C2/Nm2) 12.6 5.62 13.02 10.45

α11 (10-6 Ns2/ C2) 5 5 5 /

α33 (10-6 Ns2/ C2) 10 10 10 /

e15 (C/m2) 11.6 12.7 17 /

e31 (C/m2) –4.4 –5.2 –6.5 /

e33 (C/m2) 18.6 15.08 23.3 /

μ11 (cm2/Vs) / / / 1450

μ33 (cm2/Vs) / / / 1450

D11 (cm2/s) / / / 37.7

D33 (cm2/s) / / / 37.7

csh (m/s) 3079.81 2596.6 2372.13 5840.94
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3.3.1 Love waves in the three-layer composite structure

When surface waves propagate along the x1-axis in the PM/PE/semiconductor
composite structure, Love waves and Rayleigh waves can in principle be
decoupled. Therefore, we first consider the propagation of Love waves.

Since the displacement of Love waves is only the u3 component, the coupled
wave equations involving u1 and u2 in each layer, the equations involving u1 and
u2 in the boundary conditions, and the equations involving T21 and T22 will
disappear, then the 25 × 25 coefficient matrix [N] in dispersion equation (3.23)
will correspondingly become a 15 × 15 matrix.

If not otherwise specified, consider Terfernol-D/BaTiO3/Si, and the main
parameters are h1 = h2 = 50 μm, n0 = 5×1016 /m3 (the main parameters of Rayleigh
waves in the following Section are also the same).

As shown in Fig. 3.2, the first three modes of Love waves in Terfernol-
D/BaTiO3/Si layered structure are obtained. It can be seen that the velocity of the
first mode of the Love waves begins with the shear wave velocity of the matrix Si
(i.e., normalized 1) and approaches to the shear wave velocity of the covering
layer Terfernol-D (i.e., normalized 0.2037). The difference is that the starting
point of the second and third modes is slightly larger than s

shc (the starting point
of the second and third order modes is 1.0145 and 1.0253, respectively), which is
similar to the Love waves propagating in the PS film/elastic half-space with a
shear wave speed slightly larger than the elastic matrix [106].

In addition, the calculated wave speeds are all real numbers without
imaginary parts, indicating that the Love waves in the three-layer structure does
not appear to decay similar to that in Chapter 2, which will be discussed below.

Fig. 3.2 The first three modes of Love waves in the Terfernol-D/BaTiO3/Si layered
composite structure

3.3.1.1 Effect of covering layer thickness on Love waves
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The thickness of the covering layer in the layered half-space is an important
geometric size. According to the references and the conclusion of Chapter 2, the
change of the covering layer thickness has a significant effect on the wave speed
and attenuation of the surface waves in the PSs. Therefore, in this Section, the
influence of PM layer thickness h2 and PE layer thickness h1 on the propagation
characteristics of Love waves will be considered, respectively. When considering
the influence of one layer, keep the thickness of the other layer unchanged.
(1) Effect of PM layer thickness on Love waves

(a)

(b)
Fig. 3.3 Effect of piezomagnetic layer thickness h2

(a) effect of

                           (c)
on the first three modes of Love waves:

h2 on the first mode, (b) effect of h2 on the second mode, and (c) effect of h2

on the third mode

Figure 3.3 shows the first three modes of Love waves when the PM layer
thickness h2 is 30 μm, 50 μm, and 150 μm (h1 = 50 μm remains constant),
respectively. According to Fig. 3.3, the PM layer thickness h2 has a significant
influence on the wave speed. Regardless of modes, the wave speed decreases with
the increase of h2, which is consistent with the results in Chapter 2. Among them,
the starting point of the first mode in Fig. 3.3(a) is smaller than the shear body
wave velocity of the matrix Si, while the second mode in Fig. 3.3(b) and third
mode in Fig. 3.3(c) are both slightly larger than s

shc , which is consistent with Fig.
3.2. In addition, the third mode in Fig. 3.3(c) has the most obvious change in wave
speed.
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(2) Effect of PE layer thickness on Love waves

(a)

Fig. 3.4 Effect of piezoelectric layer thickness
(b)

h1

(a) effect of

                          (c)
on the first three modes of Love waves:

h1 on the first mode, (b) effect of h1 on the second mode, and (c) effect of h1

on the third mode

Figure 3.4 shows the first three modes of Love waves when the PE layer
thickness h1 is 50 μm, 150 μm, and 250 μm (h2 = 50 μm remains constant),
respectively. As can be seen from Fig. 3.4, no matter the first, second or third
modes, the change of PE layer thickness h1 has no influence on the wave speed of
Love waves.
3.3.1.2 Effect of initial carrier concentration on Love waves

(a)
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(c)(b)
Fig. 3.5 Effect of initial carrier concentration n0 on the first three modes of Love waves:
(a) effect of n0 on the first mode, (b) effect of n0 on the second mode, and (c) effect of n0

on the third mode

Similar to the PM layer/PS half-space in Chapter 2, the semiconductor exists
as the substrate, and there are two covering layers on it, so the semiconductor
characteristics of Si have an indirect effect on the propagation characteristics of
Love waves. As shown in Fig. 3.5, different initial carrier concentrations n0 have
almost no influence on the first three modes of Love waves, which is also
consistent with the result that the PE layer thickness h1 has no influence on Love
waves. It is worth noting that even if n0 continues to be increased, such as n0 =
5×1020 /m3 and n0 = 5×1022 /m3, the wave speed corresponding to the third mode
of the Love waves does not change (Fig. 3.5 does not repeat this).

In addition, unlike the complex phase velocities in Chapter 2, the phase
velocities of Love waves obtained in this Chapter are all real numbers, indicating
that Love waves do not decay in the PM/PE/semiconductor three-layer structure.
This phenomenon is easy to understand, the PE layer as the second covering layer
has almost no influence on the Love waves, and Si as the substrate is even more
difficult to affect the propagation of Love waves.
3.3.1.3 Effect of piezomagnetic constant on Love waves

As the PM layer is the main covering layer which has direct influence on
Love waves, the influence of PM constant f15 in the PM layer on Love wave is
further studied.

Similar to the results of Love waves in PM layer/PS half-space (Fig. 2.11),
PM constant f15 also has a significant influence on wave speed as shown in Fig.
3.6, but the influence is slightly smaller than that in PM layer/PS half-space. In
calculation, as in Chapter 2, f15 also selects 100 N/Am, 167.66 N/Am and 200
N/Am. In the same kh, no matter in which mode, the wave speed will decrease
with the increase of f15, and the wave speed will decrease more slowly with the
increase of kh. The change trend of the three modes in Fig. 3.6 is the same, with
only a slight change in value.
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(a)

1

                                     (b)
Fig. 3.6 Effect of piezomagnetic constant f 5

effect of

                                 (c)
on the first three modes of Love waves: (a)

f15 on the first mode, (b) effect of f15 on the second mode, and (c) effect of f15 on
the third mode

3.3.1.4 Love waves propagating in different material combinations

(a)

(b)
Fig. 3.7 The first three modes of Love waves in four different material combinations: (a)
comparison of the first mode, (b) comparison of the second mode, and (c) comparison of
the third mod

(c)

e
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Considering four different material structures of Terfenol-D/BaTiO3/Si,
CoFe2O4/BaTiO3/Si, Terfenol-D/PZT-4/Si and Terfenol-D/PZT-5H/Si (keeping
the substrate Si unchanged). The propagation characteristics of the first three
modes of Love waves of different material combinations are obtained, as shown
in Fig. 3.7. According to Figs. 3.7(a)-3.7(c), the three groups of curves of the first,
third and fourth material combinations coincide, indicating that different PE layer
materials BaTiO3, PZT-4 and PZT-5H have no influence on the first three modes
of Love waves. Compared with Terfenol-D/BaTiO3/Si, CoFe2O4/BaTiO3/Si has
changed the PM layer material, resulting in a significant change in wave speed.
The wave speed of first three modes of CoFe2O4/BaTiO3/Si (red solid line) are
correspondingly much larger than those of the other three structures.

In order to further study the influence of the PM layer, the first three modes of
Love waves in Terfenol-D/BaTiO3/Si and CoFe2O4/BaTiO3/Si are obtained, as
shown in Fig. 3.8. The three solid lines on the left are the first three modes of
Love waves in Terfenol-D/BaTiO3/Si, while the three dotted lines on the right are
the results of CoFe2O4/BaTiO3/Si. It can be easily found that the wave speed of
first three modes of the former are significantly smaller than that of the latter.

Fig. 3.8 The first three modes of Love waves in the Terfenol-D/BaTiO3/Si and
CoFe2O4/BaTiO3/Si layered structures

3.3.2 Rayleigh waves in the three-layer composite structure

In Section 3.3.1 above, we discussed the propagation of Love waves in composite
structures. Here, we will continue to consider the propagation of Rayleigh waves.
In principle, the Rayleigh waves correspond to the two displacement components
u1 and u2 in the coordinate system of Fig. 3.1. As long as the coupled wave
equations involving u3 in each layer and the equations involving u3 and T23 in the
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boundary conditions are removed, the 25 × 25 coefficient matrix [N] in the
dispersion equation (3.23) will correspondingly become a 20 × 20 matrix, which
can be solved. In fact, it can not be solved, mainly because eA , eA and 1

eA ,

2
eA in coupled wave equations of PE layer are decoupled, and the magnetic-

electric-semiconductor coupling cannot be realized at this time.

x1

Rayleigh waves

Substrate Si
O

Layer 2 piezomagnetic

Layer 1 piezoelectrich1

h2

h

Interface 1

Interface 2

Fig. 3.9 The piezomagnetic/piezoelectric/semiconductor laminates after the change of
coordinate system

Therefore, when studying Rayleigh waves propagation, the coordinate system
is considered to be changed, that is, the vertical axis x2 of the thickness in the
original Fig. 3.1 is replaced by the x3-axis, the polarization direction is still along
the x3-axis, and the Rayleigh wave propagates along the x1-axis. In fact, if the
coordinate system in Fig. 3.1 is unchanged, converting the polarization direction
from the x3-axis to the x2-axis should have the same effect. This Chapter does not
focus on the influence of polarization direction, so it is not emphasized.

As in the case of Love waves, the Terfernol-D/BaTiO3/Si composite structure
with covering layer thickness h1 = h2 = 50 μm and initial carrier concentration n0

= 5×1016 /m3 will continue to be considered unless otherwise specified.
Through the solving process similar to Love waves, the phase velocity

equation and dispersion equation of Rayleigh waves after the change of
coordinate system can be easily obtained, where the dispersion equation is about a

1
m
jA (j = 1-6), m

jA (j = 7-8), 1
e
jA (j = 1-6), e

jA (j = 7-8) and 3
s
jA (j = 1-2), s

jA (j

=3-4), a total of 20 homogeneous linear equations with unknown amplitudes are
expressed as:

[M]A = 0 (3.24)

x3
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where [M] is a coefficient matrix of 20 × 20, and its solution process is
shown in the (A.3.5)-(A.3.19) of Appendix to this Chapter.

In order to fully compare with Love waves, the first five modes of Rayleigh
waves are also obtained in this Section, and then the influences of covering layer
thickness, initial carrier concentration, PM constant and different material
combinations on Rayleigh waves are studied (the order of discussion is consistent
with that of Love waves in Section 3.3.1).

Fig. 3.10 The first five modes of Rayleigh waves in the Terfernol-D/BaTiO3/Si composite
structure

Figure 3.10 shows the first five modes of Rayleigh waves in the composite
structure. Similar to Fig. 3.2 of Love waves, the wave speed decreases with the
increase of kh regardless of the modes, and there will be a cutoff frequency for the
second to fifth modes, and the shear wave speed starts from the semiconductor
substrate. The difference is that the first mode of Rayleigh waves is the basic
mode, which does not start from s

Rc , but starts from the Rayleigh wave speed of
semiconductor, and tends to the Rayleigh wave speed of the PM covering layer.
As can be seen from Fig. 3.10, the curve of the fourth mode is very close to that of
the fifth mode.
3.3.2.1 Effect of covering layer thickness on Rayleigh waves

Consistent with the study in Section 3.3.1 on the effect of the covering layer
thickness on the Love waves, when considering the impact of one covering layer,
the thickness of the other covering layer is kept unchanged. Therefore, we obtain
the effects of h1 and h2 on Rayleigh waves, respectively.
(1) Effect of PM layer thickness on Rayleigh waves
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(a)

                                    (b)
Fig. 3.11 Effect of piezomagnetic layer thickness h2

waves: (a) effect of

                     (c)
on the first three modes of Rayleigh

h2 on the first mode, (b) effect of h2 on the second mode, and (c)
effect of h2 on the third mode

Figure 3.11 shows the first three modes of Rayleigh waves when the PM layer
thickness h2 is 30μm, 40μm and 50μm (h1 = 50μm remains unchanged),
respectively. Similar to the dispersion curve of Love waves in Fig. 3.3, h2 also has
a significant influence on the wave speed of Rayleigh waves, and the wave speed
also decreases with the increase of h2. Among them, Figure 3.11(a) as the basic
mode has the same starting point and ending point of the wave speed in the three
curves. In Fig. 3.11(c), the wave speed of the third mode changes most obviously.
(2) Effect of PE layer thickness on Rayleigh waves

Figure 3.12 shows the first three modes of Rayleigh waves when the PE layer
thickness h1 is 50 μm, 100 μm, and 150 μm (h2 = 50 μm remains unchanged),
respectively.

(a)
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(c)                                     (b)
Fig. 3.12 Effect of piezoelectric layer thickness h1 on the first three modes of Rayleigh
waves: (a) effect of h1 on the first mode, (b) effect of h1 on the second mode, and (c)
effect of h1 on the third mode

Unlike in Fig. 3.4 where h1 has no effect on the Love waves, h1 in Fig. 3.12
has a certain influence on the Rayleigh wave speed, especially when kh is small
(long waves) for the second and third mode.

According to Figs. 3.12(b)-(c), the influence of h1 on Rayleigh waves does not
follow a certain rule, that is, the larger h1 is, the larger or smaller the wave speed
is. However, when kh is small and h1 = 150 μm, the wave speed corresponding to
the orange lines will be the largest.
3.3.2.2 Effect of initial carrier concentration on Rayleigh waves

(a)

(b) (c)
Fig. 3.13 Effect of initial carrier concentration n0 on the first three modes of Rayleigh
waves: (a) effect of n0 on the first mode, (b) effect of n0 on the second mode, and (c)
effect of n0 on the third mode
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In Fig. 3.13, when the initial carrier concentrations are chosen as n0 = 5×1016

/m3, n0 = 5×1018 /m3, and n0 = 5×1020 /m3 respectively, the phase velocities of the
first three modes of Rayleigh waves remain almost unchanged. This is also
consistent with the case of Love waves shown in Fig. 3.5.
3.3.2.3 Effect of piezomagnetic constant on Rayleigh waves

In Fig. 3.6, the PM constant f15 has a significant impact on the first three
modes of Love waves, with the phase velocity increasing as f15 increases.
However, as shown in Fig. 3.14, the effect of f15 on Rayleigh waves is limited,
with only slight changes visible through local magnification. The reason is that in
study Love waves, the PM constant only involves f15. In contrast, while in the
study of Rayleigh waves, three PM constants f15, f31, and f33 are involved, so f15

cannot play a full role.
Additionally, as observed in Figs. 3.14(a)-(c), when kh is small, a smaller f15

results in a greater phase velocity. Conversely, when kh is large, local
magnification reveals that a larger f15 results in a greater phase velocity, which is
the opposite trend observed when kh is small. However, the influence of f15

remains very limited, especially in the third mode shown in Fig. 3.14(c).

(a)

(c)
15 on the first three modes of Love waves: (a

                                    (b)
Fig. 3.14 Effect of piezomagnetic constant f )
effect of f15 on the first mode, (b) effect of f15 on the second mode, and (c) effect of f15 on
the third mode

3.3.2.4 Rayleigh waves propagating in different material combinations
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Figure 3.15 shows the first three modes of Rayleigh waves for four different
material combinations: Terfenol-D/BaTiO3/Si, CoFe2O4/BaTiO3/Si, Terfenol-
D/PZT-4/Si, and Terfenol-D/PZT-5H/Si. Similar to the Love waves in Fig. 3.7,
compared with Terfenol-D/BaTiO3/Si, CoFe2O4/BaTiO3/Si replaced the PM layer
material, and the wave speed corresponding to the first three modes is
significantly higher than that of the other three structures (the red line in Fig. 3.15
is far above the other three curves).

In Fig. 3.7, the curves for the three structures with different PE layer materials
completely overlap, indicating that the different PE materials BaTiO3, PZT-4, and
PZT-5H do not affect the phase velocities of the first three modes of Love waves.
However, in Fig. 3.15, the three curves corresponding to different PE layer
materials do not completely overlap. Specifically, the phase velocity of Terfenol-
D/BaTiO3/Si is greater than that of Terfenol-D/PZT-4/Si, and Terfenol-D/PZT-
5H/Si exhibits the lowest phase velocity. This difference is particularly noticeable
in the second mode in Fig. 3.15(b) and the third mode in Fig. 3.15(c).

(a)

(b)
Fig. 3.15 The first three modes of Rayleigh waves in four different material combinations:
(a) comparison of the first mode, (b) comparison of the second mode, and (c) comparison
of the third mod

(c)

e

Similar to the Love waves in Section 3.3.1, the first three modes of Rayleigh
waves in Terfenol-D/BaTiO3/Si and CoFe2O4/BaTiO3/Si are obtained in order to
further determine the effect of PM materials on the wave speed, as shown in Fig.3.



3.4 Summary 67

16. The three curves of the solid line in Fig. 3.16 are the first three modes of
Rayleigh waves in the former, while the three dashed lines correspond to the latter.

Fig. 3.16 The first three modes of Rayleigh waves in the Terfenol-D/BaTiO3/Si and
CoFe2O4/BaTiO3/Si layered structures

As can be seen from Fig. 3.16, no matter which modes, the wave speed in the
former is correspondingly smaller than that in the latter, where the third mode
curve in Terfenol-D/BaTiO3/Si crosses with the second mode curve in
CoFe2O4/BaTiO3/Si.

3.4 Summary

(1) Different from the bilayer structure of the PS/PM half-space in Chapter 2,
the Love and Rayleigh waves in this three-layer structure only have dispersion
without attenuation. The higher-order mode wave speed of Love waves and
Rayleigh waves both start from the shear wave velocity of semiconductor
substrate and have cutoff frequency. The difference is that the first mode of
Rayleigh waves is the basic mode starting from the semiconductor Rayleigh wave

By constructing a PM/PE/semiconductor composite structure, the magneto-
electro-semiconductor multi-field coupling is realized indirectly. In this Chapter,
the propagation of Love waves and Rayleigh waves in the three-layer structure is 

deeply analyzed. The wave field equations of each layer are derived from the 

basic equations, and the dispersion equation is obtained by combining the 

boundary conditions and the continuity conditions. Based on the analytical 

solution, the effects of covering layer thickness, initial carrier concentration, PM 

constant and material combinations on Love waves and Rayleigh waves are 

studied. The results show that:

.
(2) In the three-layer structure, the PM layer thickness h2 has a great influence

on the first three modes of Love waves and Rayleigh waves, and the wave speed
decreases with the increase of h2. The thickness of the PE layer h1 has no effect on
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the Love waves, but when the kh is small (long waves), it has a slight effect on the
second and third modes of the Rayleigh waves. The n0 of the semiconductor
substrate has no effect on the first three modes of the Love waves and Rayleigh
waves, which is the main reason why the surface waves do not decay in this
structure.

(3) The equations of Love waves in this structure only involve PM constant f15,
so f15 has a great influence on the Love waves, and the wave speed will decrease
with the increase of f15. The analytical solution of Rayleigh waves is related to the
PM constants f15, f31 and f33, and the influence of f15 on Rayleigh waves is
relatively limited.

(4) For four different material combinations of Terfenol-D/BaTiO3/Si,
CoFe2O4/BaTiO3/Si, Terfenol-D/PZT-4/Si and Terfenol-D/PZT-5H/Si, the results
show that the Love wave speed and Rayleigh wave speed in CoFe2O4/BaTiO3/Si
is much higher than that of the other three structures. In addition, different PE
layer materials BaTiO3, PZT-4 and PZT-5H in Love waves do not affect the first
three modes, while the three curves corresponding to Rayleigh waves do not
coincide.

3.5 Appendix

(1) Phase velocity equations
By substituting the solutions of PM layer, PE layer and semiconductor layer to the
corresponding constitutive equations (3.3), (3.6) and (3.9), the phase velocity
equations of each layer in the composite structure can be obtained. The
expressions of stress, electric displacement and magnetic induction intensity in the

PM layer (the  2 1
m
jk x ik x cte e  term is uniformly omitted) are:
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The expressions of stress, electric displacement and magnetic induction in the
PE layer are as follows:
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Similarly, the expressions of stress, electrical displacement and current
density of the semiconductor substrate can be obtained as:
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(2) The nonzero elements of the coefficient matrix in the dispersion equation
Considering the three displacement components, the non-zero elements of the

coefficient matrix [N] in the dispersion equation (3.23) are:
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(3) Dispersion equations of Rayleigh waves in the composite structure
Considering the layered composite structure after changing the coordinate

system as shown in Fig. 3.9, the Rayleigh waves propagating along the x1-axis
have two displacement components, u1 and u3. The PM layer, PE layer and
semiconductor layer are discussed separately. The coupled wave equations of PM
layer are obtained firstly:
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The coupled wave equations of the PE layer are:
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Similarly, we can obtain the coupled wave equations of the semiconductor
layer as:
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The boundary conditions and continuity conditions are the same as Eqs.
(3.12)-(3.14), so they are not repeated, but it should be noted that the x2-axis in the
original coordinate system becomes the x3-axis.

Assume that the solution of the PM coupled wave equation (A.3.5) is:
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By substituting the above solutions into the Eq. (A.3.5) and simplifying,
homogeneous linear equations with undetermined coefficients 1

mA , 3
mA , mA and

mA can be obtained:
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)3 we get 11 33
m m m    . In order to obtain non-trivial

solutions for 1
mA , 3

mA and mA , the determinant of the coefficient matrix for the
other three equations needs to be zero:

     
     
     

2

2 2

2 2

2
44 11 13 44 15 31

2
13 44 33 44 33 15

15 31 33 15 11 33

0

m m m m m m m m m m

m m m m m m m m m m

m m m m m m m m m

c c c i c c i f f

i c c c c c f f

i f f f f

   

   

    

     

     

   

(A.3.10)



72 Love and Rayleigh waves in a PM/PS/semiconductor composite structure

The complete solution of the PM layer is obtained as:
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where 1
m
jA (j = 1-6) represent the amplitude. 1

m
j and 2

m
j are amplitude ratios,

specifically:
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where aij is the element in row i and column j of the determinant (A.3.10).
For the PE layer wave field, we can obtain homogeneous linear equations for
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11 33
e e e    are obtained by decoupling Eq. (A.3.13)4 from the other

three equations. In order to obtain nontrivial solutions for 1
eA , 3

eA and eA , the
determinant of the coefficients for the other three equations is zero, namely:
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Thus, the complete solution of the PE layer can be expressed as:



733.5 Appendix

 3 1

6

1
1

6
1

1 1
13

6

2 1
1

8

7

e
j

e
j

j
e

e e
j je

j k x ik x ct

e
e e
j je j

e
j

j

A

u
A

u
e e

A

A





 




  






 
 
 

   
   
      
   
   
   

 
 
 









(A.3.15)

where 1
e
jA (j = 1-6) are the amplitude, 1

e
j and 2

e
j the amplitude ratio:
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where bij represents the element in row i and column j in Eq. (A.3.14). Similarly,
the complete solutions of the semiconductor substrate are:
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where 3
s
jA (j = 1-2) and s

jA (j = 3-4) are amplitudes, 1
s
j and 2

s
j the

amplitude ratios:
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By substituting the solution of each layer to the corresponding constitutive
equations, the physical quantity expressions can be obtained, which are then
substituted to the boundary and continuity conditions, and finally the dispersion
equation (3.24) is obtained, that is, [M]A = 0. [M] is a coefficient matrix of 20

(A.3.18)

×
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20, whose nonzero elements (subscripts i = 1-6, j = 7-8, k = 9-14, l = 15-16 and m
= 17-18, n = 19-20) are:

       

   

1 2 1 2

1 2 1 2

1 44 44 1 15 2 2 13 33 1 33 2

3 4 2 5 2 6 6 1

7 1 7 8 44 44 1 15 2

,  

,  ,  ,  1,  

,  1,  

m m
i i

m m
j i

k h h k h hm m m m m m m m m m m m m
i i i i i i i i i

k h h k h hm m s s
j j i i n n k m m

e e e e e e
k k m k k k

M c ic if e M ic c f e

M e M e M M M

M M M c ic ie

 

 

      

   

   

 

 

      

     

      

 

8 44 1 44

9 13 33 1 33 2 9 33 13 1 10 2 10

11 31 33 1 33 2 11 33

12 31 33 1 33 2 12 0 3

,  
,  ,  ,  1
,   

,  

e s s s s
k m m m

e e e e e e e s s s s e
k k k k k m m m k k n

e e e e e e e s s
k k k k k n n

e e e e e e e
k k k k k n

M c ic
M ic c e M c ic M M
M ie e M

M ikc ie e M qn

 

      

      

     

 

       

    

     

   
 

1 1 1 1

1 1

3 33 33 2

13 13 14 1 14 1

15 44 44 1 15 2 15 44 44 1 15 2

16 13 33 1 33 2

,  ,  ,  

,  

m e m e
i k i k

m e
i k

s s s
n n

k h k h k h k hm e
i k i i k k

k h k hm m m m m m e e e e e e
i i i i k k k k

m m m m m m m
i i i i i

ikc qD

M e M e M e M e

M c ic if e M c ic ie e

M ic c f

   

 

  

 

     

   

 

     

      

    
 

1 1

1 11 1

1 1

16 13 33 1 33 2

17 17 2 18 33 18 31 33 1 33 2

19 2 19 20 31 33 1

,  

,  ,  ,  

,  ,  

m e
i k

m me e
j jk k

m e
i l

k h k he e e e e e e
k k k k k

k h k hk h k he m m e e e e e e e
j k k j j k k k k k

k h k hm m m m
i i l i i

e M ic c e e

M e M e M e M ie e e

M e M e M if f

 

  

 

   

       

  

   

       

      1 1
33 2 20 33,  

m e
i lk h k hm m m m e e

i i i l le M e       

(A.3.19)



Chapter 4

SH waves in multiferroic composite
semiconductors with initial stress

In the production and use of devices, the initial stress will inevitably occur in the
structures due to the influence of the process and environmental changes. On the
other hand, in order to prevent the brittle fracture of the materials, prestress is
usually applied in the manufacturing. For layered structures, due to the
discontinuity of material parameters between layers, the difference of temperature
and preparation processes, initial stress is often present in the covering layer and
at the interfaces. Previous studies have shown that the effect of initial stress can
change the surface waves propagation. From the early studies on the influence of
initial stress on elastic waves [190], to the research on SH waves and Love waves
in PE and PM layered structures with initial stress [169,171,191,192], the
propagation of elastic waves in layered structures with initial stress has been
extensively studied. Considering the non-uniform initial stress, Su et al. [170]
used the transfer matrix method to analyze the propagation of Love waves in
ZnO/SiO2/Si. Singh et al. [172] studied the propagation characteristics of Love
waves in composite materials under irregular initial stress from an analytical
perspective.

In recent years, there has been an increasing amount of research on the
propagation of elastic waves in PSs. Scholars have also gradually studied SH-type
surface waves in PSs with initial stress. Chen and Yang et al. [88,89] conducted
an in-depth analysis of the propagation characteristics of SH waves in a PS half-
space and a PS plate with initial stress. Sahu et al. [112] studied the reflection and
transmission of quasi-plane waves at the PS interface (AlN/ZnO) with initial
stress. Wang et al. [90] assumed that the initial stress and material parameters
vary exponentially along the x-axis, and obtained the SH waves propagation in the
FGPS with initial stress. Salah et al. [91] used a simplified ODE method to study
the influence of initial stress on electron and hole drift in PS plates and the
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x3

influence of semiconductor characteristics on the dispersion curve of SH waves.
Abd-alla et al. [114] explained the SH waves propagation behavior of the layered
structure during rotation and initial stress by constructing a semiconductor/PE
half-space. As far as is known, surface waves in MCSs with initial stress have not
been studied.

Based on the macrotheory of PM and PS mentioned above, this Chapter will
establish layered models with initial stress to study the effects of initial stress on
the SH wave speed and attenuation. Two models are considered, one is the infinite
ZnO PS plate without composite PM material, and the phase velocity equations
and the dispersion equations with initial stress are obtained. The numerical
examples show that similar to semiconductor properties, sufficiently large initial
stress can also lead to a decrease in wave speed and an increase in attenuation.
The second is to study the effect of initial stress on SH waves in PS/PM bilayer
plate, and the influence of initial carrier concentration, PS and PM layer thickness
on SH waves is obtained. In addition, in the second model, the PM plate is
replaced by PM half-space, that is, the PS/PM layered half-space is established,
and the results similar to those in the composite plate can be obtained.

4.1 SH waves in a piezoelectric semiconductor plate with
initial stress

In this Section, we first consider a PS plate without PM material, and theoretically
study its SH waves with initial stress. The effects of boundary conditions, initial
carrier concentration, plate thickness and initial stress on SH waves are analyzed
systematically. The results in this Section are instructive for the design of PS
devices considering the initial stress.

4.1.1 Basic equations with initial stress

O
x1

x2

2h

SH waves

x3

Fig. 4.1 Infinite piezoelectric semiconductor plate with initial stress

Considering an infinite n-type PS plate with a thickness of 2h as shown in Fig. 4.1,
the SH waves propagate along the x1-axis and the polarization direction is x3-axis.



774.1 SH waves in a PS plate with initial stress

It is assumed that there is a constant initial stress in the PS plate and there is no
traction on the upper and lower surfaces.

The equilibrium equations with initial stress are slightly different from the
equations without initial stress mentioned above, as follows:
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where 0
kjT is the initial stress. The electric displacement and initial magnetic

induction intensity in the initial state are not considered in Eq. (4.1). Assuming
that there are only initial stress components along the x1-axis, the coupled wave
equations can be obtained as follows:
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In order to study the propagation characteristics of waves in PS plates, it is
necessary to combine the boundary conditions of the upper and lower surfaces of
the plates. Mechanically, assuming that the surface stress of the plate is free, there
are:

   23 1 23 1, 0,   , 0T x h T x h  

For electrical boundary conditions, it is divided into electrical short circuit
and open circuit, respectively:
(1) Short-circuit boundary BC

(4.3)

1

   1 1, 0,   , 0x h x h    (4.4)

(2) Open-circuit boundary BC2

       2 1 2 1 2 1 2 1, , 0,   , , 0D x h J x h D x h J x h     & & (4.5)

The perturbation of the PS carrier concentration disappears at the boundary of
the plate, which is an additional boundary condition compared to the PE
insulation material, namely:

   1 1, 0   , 0n x h n x h  ， (4.6)
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4.1.2 Solutions of the problem

For plane strain waves propagating along the x1-axis, the solution to the coupled
wave equation (4.2) can be assumed to be:
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Among them, A3, AΦ and AN are undetermined coefficients, which represent
the amplitude of displacement, PS potential and perturbation carrier concentration,
respectively.

Substituting Eq. (4.7) into Eq. (4.2), a system of homogeneous linear
equations with respect to the undetermined coefficients A3, AΦ and AN can be
obtained:
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From the Eq. (4.8), take the determinant of the coefficient matrix of 3 × 3.
The condition that A3, AΦ and AN have non-trivial solutions is that the determinant
of their coefficients is equal to zero.

For a given wave velocity c, six undetermined coefficients η can be obtained,
which are three pairs of positive and negative complex roots, ηj (j = 1-6)
depending on the wave speed c and the wave number k (two of which have roots η
= ±1). Therefore, the PS plate displacement, potential, and perturbation carrier
concentration (4.7) can be rewritten as:
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where the unknown amplitude 3 1 2,  .j j j Nj j jA A A A    The amplitude ratio

1 j and 2 j can be determined by Eq. (4.8).

By substituting Eq. (4.9) into the constitutive equation, the expressions of
stress, electrical displacement and current density of the PSs can be obtained (see
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From the stress-free condition, the short-circuit boundary BC1 and the open-
circuit boundary BC2, the dispersion equations of waves at two boundaries can be
obtained, respectively (Appendix (A.4.2)-(A.4.4)).

4.1.3 Numerical results and discussions

For the above model, ZnO is selected as the material of PS plate, and its material
properties are shown in Table 2.1. In addition, CdSe is selected for comparative
calculation, and its material parameters [103] are shown in Table 4.1. In the
numerical, except for the calculation part of comparing two different PSs, the
more common ZnO is used for the rest

4.1 SH waves in a PS plate with initial stress 

Appendix (A.4.1) ).

.
In the calculation, the SH wave speed of the non-conductive PE plate

corresponding to the two materials is introduced as the normalized velocity. The
SH wave speed 1 2841.66m sSHc  in ZnO PE plate and the SH wave speed

2 1562.10m sSHc  in CdSe PE plate. At the same time, the normalized
wavenumber is kh/2π.

Table 4.1 Material properties of the CdSe[103]

c44

(×109 N/m2)
e15

(C/m2)
ε11

(×10-11 C2/Nm2)
μ11

(m2/V)
d11

(m2/s)
ρ

(kg/m3)

13.20 -0.138 8.26 4 0.104 5504

2h = 2 mm, the initial carrier concentration

 

4.1.3.1 Effect of boundary conditions on SH waves
The effects of short-circuit boundary BC1 and opencircuit boundary BC2 on SH 

waves are studied, respectively. At this time, the thickness of the PS plate is set as
n0 = 1×1015 /m3, and the initial stress

0
 1 1GPaT  .

(a)
Fig. 4.2 Effect of boundary condition on SH waves propagation: (a) effect of boundary
condition on phase velocity, and (b) effect of boundary condition on attenuatio

(b)

n
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It can be seen from Fig. 4.2(a) that the phase velocity increases with the
increase of wave number and gradually flattens out. In addition, as shown in Fig.
4.2(b), the curves of both imaginary parts are below zero, indicating that the SH
waves are attenuated by carrier concentration and initial stress. Regardless of the
real or imaginary part, the absolute value of the short circuit is correspondingly
smaller than the absolute value of the open circuit. The open boundary will be
studied below.

4.1.3.2 Effect of initial carrier concentration on SH waves

(a)
Fig. 4.3 Effect of initial carrier concentration on SH waves propagation: (a) effect of

(b)
n0

on phase velocity, and (b) effect of n0 on attenuation

As shown in Fig. 4.3, when n0 = 1×1010/m3, both the real and imaginary parts
of the SH waves speed are horizontal lines, indicating that the phase velocity is
constant and the SH wave does not attenuate. This suggests that when the initial
carrier concentration is relatively low, the ZnO PS plate can be regarded as a PE
plate (i.e., semiconductor characteristics need not be considered).

When n0 ≥ 1×1015 /m3, as shown in Fig. 4.3(a), the phase velocity increases
with increasing wave number and tends to flatten out. Meanwhile, the wave
velocity decreases with increasing n0. As depicted in Fig. 4.3(b), the attenuation of
the wave continuously strengthens until reaching its maximum at long waves.
With increasing wave number, the attenuation weakens, and the minimum point
of attenuation shifts to the right with increasing n0.
4.1.3.3 Effect of plate thickness on SH waves

(a)
Fig. 4.4 Effect of plate thickness on SH waves propagation: (a) effect of h on phase
velocity, and (b) effect of h on attenuatio

(b)

n
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From Fig. 4.4, it can be observed that when the initial stress 0
 1 1GPaT  , the

phase velocity of SH waves decreases with increasing h, and the minimum point
of attenuation shifts to the right with increasing h.
4.1.3.4 Effect of initial stress on SH waves

According to Fig. 4.5, when 0
 1 0GPaT , the normalized phase velocity

gradually approaches 1, and the presence of the initial carrier concentration causes
the SH waves to be dispersed and attenuated. When the initial stress is changed,
the change of the real part of the wave speed is obvious, but the change of the
imaginary part is small, and the slight change can be seen by local amplification.

Figure 4.5(a) shows the change of the real part of the wave speed with
different initial stresses. When the wave number is small, the phase velocity
increases with the increase of the wave number. The phase velocity decreases
with the increase of the initial stress. In Fig. 4.5(b), the imaginary part curves
almost coincide when four different initial stresses are applied. It can be found
through local amplification that the imaginary part increases with the increase of
the initial stress, indicating that the sufficiently large initial stress will strengthen
the attenuation.

(a)
Fig. 4.5 Effect of initial stress on SH waves propagation: (a) phase velocity varys with
initial stress, and (b) attenuation varys with initial stres

(b)

s

Considering different wave numbers, the effect of initial stress on SH waves
is obtained as shown in Fig. 4.6. According to Fig. 4.6(a), when 0

 1 100MPaT ,

the initial stress has little effect on the phase velocity, while when 0
 1 100MPaT  ,

the phase velocity decreases sharply with the increase of the initial stress. The
local magnification of Fig. 4.6(a) shows that the larger the wave number, the
larger the phase velocity. It can be seen from Fig. 4.6(b) that attenuation will
strengthen with the increase of initial stress, and 0

 1 1GPaT can be regarded as

the ‘boundary line’ of the impact of initial stress on attenuation. Under the same
initial stress, the larger the wave number is, the weaker the attenuation will be,
which is consistent with the previous results.
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(a)
Fig. 4.6 The variation trend of phase velocity and attenuation with initial stress under
different wave numbers: (a) phase velocity varys with wave number, and (b) attenuation
varys with wave number

4.1.3.5 SH waves propagation characteristics of two different material

(b)

s
The above considers the more common ZnO material, in fact, there are many

PS materials, and the material characteristics have a greater impact on the surface
waves. Therefore, CdSe is selected for comparative discussion. Figure 4.7 shows
the real and imaginary curves of SH wave speed for two different PS materials.
As shown in Fig. 4.7(a), the phase velocity of SH waves in CdSe plate is much
smaller than that of ZnO plate with initial stress. At the same time, Fig. 4.7(b)
shows that the variation of SH waves attenuation in CdSe plate is also much
weaker.

(a)
Fig. 4.7 The SH wave propagation characteristics of two different materials: (a) phase
velocity variation of SH wave in ZnO and CdSe plates, and (b) attenuation of ZnO and
CdSe plate

(b)

s

In summary, an infinite PS plate with initial stress is constructed in this
Section, and its SH waves propagation characteristics with initial stress are
studied. The results show that when the initial carrier concentration is small, the
PS plate can be regarded as a PE plate. The phase velocity will decrease with the
increase of thickness, and the lowest attenuation point will shift to the right with
the increase of thickness. When the initial stress is greater than 100MPa, the phase
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velocity will decrease sharply with the increase of the initial stress, and the
attenuation will be strengthened when the initial stress is large enough.

4.2 SH waves in a piezomagnetic and piezoelectric
semiconductor bilayer plate with initial stress

Consider a PM/PS bilayer plate as shown in Fig. 4.8, where the first layer i

In the previous Section, we studied SH waves propagation in a PS plate with 

initial stress and no coupled PM material. In this Section, we will continue to 

discuss SH waves in the MCSs with initial stress, mainly for the PS/PM 

composite plate, and consider the PS/PM half-space for comparison, so as to 

analyze the influence of initial stress on SH waves in the magneto-electro-
semiconductor coupling field.

s
an n-type PS with thickness h1 and the second layer is a PM layer with thickness
h2, both of which are infinite in horizontal direction, and the interface is assumed
to be perfectly connected. In the composite plate, the SH waves propagate along
the x1-axis, and the polarization of both materials are along the x3-axis.

O

PS layer

x3

SH waves

x2

h2

h1

PM layer
x1

Fig. 4.8 Piezoelectric semiconductor (PS)/piezomagnetic (PM) bilayer plate with initial
stress

4.2.1 Basic equations

Consider the PS/PM composite plate, the governing equation with initial stress is
therefore one more equation Bi,i = 0 than Eq. (4.1), i.e. :
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,
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+
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&&

&

(4.10)

where Tk
0
j is the initial stress as same as in Section 4.1, it is also assumed that
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there is only one initial stress component 0
 1T along the x1-axis. Therefore, the

coupled wave equation of the PS layer can be obtained as:
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Similarly, the coupled wave equation of the PM layer can be obtained:
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where the superscript m represents the material properties and field quantity in the
PM layer.

In order to study the waves propagation characteristics in composite plates, it
is necessary to combine the boundary conditions of the upper and lower surfaces
of the plates. Assuming that the stress on the surface of the plate is free, there are:
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On the upper surface of the PS layer:
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On the lower surface of the PM layer, there are:
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Since the interfaces are perfectly connected, the continuity conditions at the
interface are:
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4.2.2 Solutions of the problem and dispersion equations

4.2.2.1 PS layer wave fields

For the SH waves propagating along the x1-axis, the trial solution of the PS
layer coupling wave equation (4.11) is assumed to be:
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(4.17)

where 3A , A , A , and NA are unknown amplitudes.
Substituting Eq. (4.17) into Eq. (4.11) and eliminating the common factors, a

homogeneous linear system of undetermined coefficients 3A , A , A , and NA
can be obtained:
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The Eq. (4.18)3 is decoupled from the other three equations to obtain η = ±1,
and in order to obtain non-trivial solutions for 3A , A , and NA , the determinant
of the coefficient matrix for the other three equations must be zero. Therefore, the
PS plate displacement, potential, and perturbation carrier concentration solutions
(4.17) can be rewritten as:
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where AΦj (j = 1-8) is the unknown amplitude. The amplitude ratio 1 j and 2 j

can be determined by Eq. (4.18).
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4.2.2.2 PM layer wave fields

Similarly, the homogeneous linear equation for the undetermined coefficients

3
mA , mA and mA in the PM layer is obtained:
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The Eq. (4.20)2 is decoupled from the other two equations to obtain η = ±1,
and in order to obtain non-trivial solutions for 3

mA and mA , the determinant of
the coefficient matrix with respect to the other two equations must be zero. For a
given wave speed c, four undetermined coefficients ηm can be obtained, which are
the positive and negative complex roots of two pairs. Together with ηm = ±1
obtained from Eq. (4.20)2, a total of six ηm need to be considered.

In addition, the complete solution of PM layer displacement, potential and
magnetic potential can be expressed as:
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where m
jA (j = 1-6) is the unknown amplitude to be found. The amplitude ratio

1
m
j can be determined by Eq. (4.20)

(4.21)

.

The solution of the potential and magnetic potential satisfying the radiation
condition in vacuum is:
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By substituting Eqs. (4.19), (4.21) and (4.22) to the constitutive equations of
PS layer, PM layer and vacuum layer, respectively, the expressions of each layer
can be obtained in Appendix (A.4.5)-(A.4.7) of this Chapter.

Combining the boundary conditions and the continuity conditions, the
homogeneous linear equations for the unknown amplitudes AΦj (j = 1-8) and

m
jA (j = 1-6) are finally obtained, as follows:

[M]N = 0 (4.23)
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where N = { 1 2 3 4 5 6 7 8 1 2 3 4 5 6, , , , ,m m m m m mA A A A A A A A A A A A A A             , , , , , , , , },
[M] is the coefficient matrix of 14 × 14. The expression for the non-zero elements
of the matrix is shown in Appendix (A.4.8).

In order to obtain a non-zero solution to the dispersion equation (4.23), the
determinant of its coefficients must be zero, i.e. Det[M] = 0. Therefore,
transcendental equations in the complex domain can be obtained for phase
velocity c and wave number k or phase velocity c and frequency ω.

4.2.3 Numerical results and discussions

In the numerical calculation, ZnO/CoFe2O4 and CdSe/CoFe2O4 material
combinations are considered, and ZnO/CoFe2O4 is used in the calculation except
for the comparison of different material combinations.

In addition, for the convenience of comparison with Section 4.1, the main
parameters are consistent with the previous Section, specifically h1 = h2 = 1mm,
n0 = 1×1015/m3， 0

 1 1GPaT  . At the same time, the SH wave speed 1
SHc of ZnO

and the SH wave velocity 2
SHc of CdSe are introduced as the normalized speed,

and the normalized wave number is represented by kh/2π, where h = h1+ h2.
4.2.3.1 Effect of initial carrier concentration on SH waves in composite plate

Figure 4.9 shows the effect of n0 on SH waves propagation characteristics of
PS/PM composite plate when h1= h2 = 1 mm and 0

 1 1GPaT  . When n0 = 1×1015

/m3, the real and imaginary parts of the wave speed are horizontal lines, indicating
that the semiconductor characteristics have no influence on the SH waves at this
time, that is, the PS layer can be regarded as the PE layer. When n0 ≥ 1×1015 /m3,
the wave speed as shown in Fig. 4.9(a) will decrease with the increase of n0, but
the wave speed of the three curves tends to be constant. Figure 4.9(b) shows that
when the wave number is small, the attenuation will continue to strengthen until
the maximum, then will weaken and approach zero as the wave number continues
to increase.

(a)
Fig. 4.9 Effect of initial carrier concentration on SH waves propagation: (a) effect of

(b)
n0

on phase velocity, and (b) effect of n0 on attenuation
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By comparing Fig. 4.9 and Fig. 4.3, it is found that the real and imaginary
trends of the two sets of graphs are the same, indicating that SH waves in the
PS/PM composite plate with initial stress are similar to SH waves in the PS plate.
After careful comparison, there will be differences in the values, especially in the
maximum values of the imaginary parts of Fig. 4.9(b) and Fig. 4.3(b). This is due
to the influence of the PM layer, but the influence is relatively limited.
4.2.3.2 Effect of composite plate thickness on SH waves

The effect of the initial carrier concentration on the SH waves in the
composite plate is similar to that in the PS plate, indicating that the effect is
limited after the PM layer is combined. Therefore, the influence of PS layer
thickness h1 and PM thickness h2 on SH wave is further studied.

Fig. 4.10 Effect of h
(a) (b)

1 on SH waves: (a) effect of h1 on phase velocity, and (b) effect of h1

on attenuation

(a)
Fig. 4.11 Effect of PM layer thickness

(b)
h2 on SH waves: (a) effect of h2 on phase velocity,

and (b) effect of h2 on attenuation

Figure 4.10 and Fig. 4.11 show the influence of h1 and h2 on the wave speed
and attenuation of SH waves, respectively. When the influence of h1 is studied, h2

= 1mm is kept unchanged and vice versa. According to Fig. 4.10, when the initial
stress 0

 1 1GPaT  , the SH wave speed will decrease with the increase of h1, and

the lowest attenuation point will shift to the right with the increase of h1. This is
similar to the PS plate in Fig. 4.4, but a careful comparison between Fig. 4.10 and
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Fig. 4.4 will still find a slight difference, especially the corner difference of the
real part curve.

Figure 4.11 is almost consistent with Fig. 4.10, indicating that the PM layer
thickness in the composite plate has a similar effect on SH waves as that of the PS
layer thickness.
4.2.3.3 Effect of initial stress on SH waves in composite plate

Figure 4.12 and Fig. 4.13 respectively show the wave speed and wave speed
variation curves of SH waves with different initial stresses. Figure 4.12(a) shows
that the normalized phase velocity tends to 1 when 0

 1 0GPaT . With the increase

of initial stress, the phase velocity decreases obviously. In Fig. 4.12(b), the four
imaginary curves almost coincide, and local magnification shows that the
attenuation increases with the increase of the initial stress. It is worth noting that
although Fig. 4.12 is similar to Fig. 4.5, the values of 0

 1T are not exactly the

same. The initial stress in Fig. 4.12 is 0GPa, 0.5GPa, 1.0GPa and 1.5GPa, while
the initial stress in Fig. 4.5 is 0GPa, 1.0GPa, 3.0GPa and 5.0GPa, respectively.
This is because if the larger initial stress of 3.0GPa and 5.0GPa is considered in
the composite plate in Fig. 4.12, the real part of the wave speed obtained by the
MATLAB program is horizontal lines, indicating that the initial stress can not be
calculated normally when it is too large.

(a)
Fig. 4.12 Effect of initial stress on SH waves: (a) phase velocity varys with initial stress,
and (b) attenuation varys with initial stres

(b)

s

In addition, since the curves in Fig. 4.12(b) almost coincide, in order to better
observe the impact of initial stress on attenuation, the curves of real part variation
∆Re(c) and imaginary part variation ∆Im(c) of phase velocity with different initial
stress are further obtained, as shown in Fig. 4.13. ∆Re(c) = Re(c)( 0

 1T ≠ 0) –

Re(c)( 0
 1T = 0) and ∆Im(c) = Im(c)( 0

 1T ≠ 0) – Im(c)( 0
 1T = 0) respectively

represent the difference between the real and imaginary parts of the phase velocity
when the initial stress acts and the real and imaginary parts when there is no initial
stress.
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(a)
Fig. 4.13 Effect of initial stress on SH wave dispersion and attenuation characteristics: (a)
initial stress effect on the variation of phase velocity, and (b) initial stress effect on the
variation of attenuatio

(b)

n

According to Fig. 4.13, both the real and imaginary parts of the phase velocity
decrease with the initial stress, which is consistent with the previous results, and
the variation increases with the increase of the initial stress. As shown in Fig.
4.13(b), the initial stress will strengthen the attenuation characteristics, but the
attenuation first increases to the maximum and then tends to zero. Regardless of
the initial stress value, all inflection points of attenuation change are at kh/2π =
0.382.

(a)
Fig. 4.14 The variation trend of phase velocity and attenuation with initial stress under
different wave numbers: (a) phase velocity varys with wave number, and (b) attenuation
varys with wave numbe

(b)

r

Figure 4.14 shows the influence of initial stress on SH wave when different
wave numbers are considered. Figure 4.14(a) shows that when 0

 1 100MPaT , the

initial stress has little effect on the phase velocity, while when 0
 1 100MPaT  , the

phase velocity decreases sharply with the increase of the initial stress. A local
magnification of Fig. 4.14(a) shows that the phase velocity increases with the
increase of the wave number. According to Fig. 4.14(b), attenuation is maintained
at first and becomes obvious when 0

 1T reaches a certain value. The trend of Fig.
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4.14 is almost the same as that of Fig. 4.6 in the PS plate, but the comparison
shows that the values of the attenuation curves in Fig. 4.14(b) and Fig. 4.6(b) are
obviously different, especially when 0

 1 1MPaT  , the imaginary starting points of

the two groups of curves are obviously different.
4.2.3.4 SH waves in different material combinations

The SH waves propagation of two different PS plate materials is discussed in
Section 4.1.3.5, and the SH waves propagation of two different material
combinations (ZnO/CoFe2O4 and CdSe/CoFe2O4) is discussed here. Similar to Fig.
4.7, as shown in Fig. 4.15, the phase velocity in CdSe/CoFe2O4 is much smaller
than that in ZnO/CoFe2O4 under the same initial stress, and the attenuation change
is not so obvious.

(a)
Fig. 4.15 The SH wave propagation characteristics of two different composite plates: (a)
phase velocity variation of SH wave in different composite plates, and (b) SH wave
attenuation in different composite plates

4.2.3.5 SH waves in PS/PM half-space with initial stres

(b)

s
The SH waves in the PS/PM composite plate with initial stress is discussed

above, and the substrate of the PM plate is considered to be replaced by a PM
half-space, which is consistent with the model in Fig. 2.1, that is, the PS/PM half-
space layered structure. In the composite plate model, h1 = h2 = 1 mm. However,
considering that h2 is much larger than h1, the PM plate substrate can be regarded
as a semi-infinite space.

Considering the PS/PM half-space, the lower surface stress free condition of
the composite plate is cancelled, that is,  23 1 2, 0mT x h  in Eq. (4.13) is removed.

Boundary conditions (4.15) regarding the lower surface of the PM layer are also
removed. In addition, the radiation conditions along the negative x2-axis need to
be added, namely:

2 3  0,   0,   0m m mx u     ， (4.24)

Therefore, only 3 ηm whose real part is negative need be retained for the 6 ηm 

obtained in Section 4.2.2.2. Combining the present boundary conditions and the
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continuity conditions, the homogeneous linear equations for the unknown
amplitudes AΦj (j = 1-8) and m

jA ( j = 1-3) can be obtained as:

[M]N = 0 (4.25)

where N = { 1 2 3 4 5 6 7 8 1 2 3, ,m m mA A A A A A A A A A A          , , , , , , , , }, [M] is the
coefficient matrix of 11 × 11. The solution process is similar to that of composite
plate.

In the numerical calculation, if the thickness of the PS plate h1 and the
composite plate above is consistent with 1mm, the obtained curve value will
change. Since the effect of h2 in Section 4.2.3.2 is similar to that of h1, considering
h1 = 2mm in practice, almost the same result can be obtained as the composite
plate.

Fig. 4.16 Effect of
(a) (b)

n0 on SH wave propagation in the PS/PM half-space: (a) effect of n0

on phase velocity, and (b) effect of n0 on attenuation

(a)
Fig. 4.17 Effect of initial stress on SH waves in the layered half-space: (a) phase velocity
varys with initial stress, and (b) attenuation varys with initial stres

(b)

s

Specifically, Figure 4.16 is consistent with Fig. 4.9, and Fig. 4.17 is consistent
with Fig. 4.12. Since the effects and curves are almost identical, further detailed
discussions are unnecessary.
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4.3 Summary

(1) The phase velocity of SH waves in ZnO PS plate decreases and attenuate

Based on the multi-field coupling theory with initial stress, Chapter 4 focuses 

on the influence of initial stress field on SH waves propagation in MCS structures.
The effects of boundary conditions, initial carrier concentration, plate thickness 

and initial stress on SH waves are obtained. In addition, SH waves propagation in 

two different PS materials is discussed. Secondly, the influence of initial stress on 

SH waves is discussed for PS/PM bilayer composite plate and PS/PM half-space,
respectively. The results show that:

s
with constant initial stress. When the initial stress 0

 1 100MPaT  , the phase

velocity decreases sharply with the increase of the initial stress. When the initial
carrier concentration is relatively small (n0 = 1×1010/m3), the PS plate can be
regarded as a PE plate. The phase velocity and attenuation corresponding to the
electrical short circuit BC1 are correspondingly smaller than that of the electrical
open circuit BC2.

(2) For ease of comparison, the main parameters of the PS/PM composite
plate are the same as those of the ZnO PS plate. The results show that regardless
of the initial carrier concentration, plate thickness, initial stress, or material
influence, the propagation characteristics of SH waves in the composite plate are
similar to those in the PS plate. Only slight changes occur in the real and
imaginary parts of the wave speed, indicating that the PM layer has some
influence on the propagation of SH waves, but the impact is limited. The effect of
PM layer thickness h2 and PS layer thickness h1 on SH wave is almost the same.

(3) In the PS/PM composite plate, by analyzing the influence of the initial
stress on the change of the real and imaginary parts of the phase velocity, it can be
found that no matter how large the initial stress is, the inflection points of the
attenuation change are all at kh/2π = 0.382. Under the same initial stress, the
phase velocity of CdSe/CoFe2O4 is much smaller than that of ZnO/CoFe2O4, and
the attenuation is also much weaker. When the substrate is changed from PM plate
to PM half-space, the result is almost the same as that in composite plate (h1 =
1mm in composite plate) when the thickness of PS layer h1 = 2mm.

4.4 Appendix

(1) Phase velocity equations of PS plate with initial stress
The expressions of stress, electrical displacement and current density in the

PS plate with initial stress (omit the term of  1ik x cte  ) are:
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From the stress free condition (4.3), combined with the stress expression
(A.4.1)1, when x2 = ±h:
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From the electrical short-circuit boundary (4.4) and the disturbed carrier
concentration condition (4.6), we can get:
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In order to obtain a non-trivial solution, the coefficients of the Eqs. (A.4.2)
and (A.4.3) with respect to the above unknown constants must be zero, thus
obtaining the phase velocity equation of BC1: wave propagation at the short-
circuit boundary.

Similarly, from the electrical open-boundary (4.5) and the disturbed carrier
concentration condition (4.6), it can be obtained that:
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The phase velocity equation of BC2: wave propagation at electrical open
boundary is obtained.
(2) Dispersion equation of PS/PM composite plate with initial stress

The expressions of stress, electric displacement, magnetic induction intensity

and current of the PS layer (  2 1jk x ik x cte e  term omitted) are:
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The expressions of the stress, electric displacement and magnetic induction

of the PM layer (the  2 1
m
jk x ik x cte e  term is omitted) :
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The electric displacement and magnetic induction in vacuum are
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By substituting the expressions of each layer of the composite plate into the
boundary conditions and continuous conditions (4.13)-(4.16), the non-zero
elements in the coefficient matrix of the dispersion equation can be obtained as:
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where j = 1-6 and k = 9-12.



Chapter 5

Rotation effects on SH waves in
piezoelectric semiconductor and
piezomagnetic layered half-space

The effects of the biasing field will change the propagation characteristics of the
SAWs, for example, the initial stress has an important effect on the propagation of
the waves in the layered PE structures [169,170,191], the layered magnetoelectric
structures [171,192] and the semi-infinite PSs [88]. In Chapter 4, the influence of
initial stress on SH waves propagation in MCS composite structure is obtained. In
addition, the rotating field can also cause changes in the vibration frequency (i.e.
wave speed) of an elastomer, PE body or PS, and this principle can be used to
design SAW gyroscopes [193,194] to measure the angular velocity of a rotating
object. In fact, detecting the complete motion of an object requires two types of
motion sensors, namely accelerometers and gyroscopes. The accelerometers are
used to detect linear motion, while the gyroscopes are used to detect angular
motion.

In view of the effect of rotating field on the SAWs, Fang et al. thoroughly
analyzed the propagation of acoustic waves in different rotating PE structures
around rotating PE crystal [195], PE half-space [196] and PE plate [197], and
explained the characteristics of rotational sensitivity in detail. Yang et al. [198]
studied the angular rate sensor with PE film elastic beam attached to the surface.
In addition, Yang [199] also reviewed the 1D, 2D and 3D theories of rotating PE
bodies, and illustrated the working principle of PE gyroscopes with numerical
examples. For the semiconductor/PE composite structure, researchers obtained the
dispersion equation of SH waves with rotation and initial stress, and verified that
the rotation field and initial stress field will also cause the waves to disperse and
decay as the semiconductor characteristics [114]. Considering the piezothermal-
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elastic half space [200] and the infinite Kelvin-Voigt viscoelastic heat conduction
plate [201], Sharma et al. obtained the propagation characteristics of Rayleigh
waves in the half-space and Rayleigh-Lamb waves in the heat conduction plate
when rotation and non-rotation respectively, providing a basis for the
development of gyroscopes and rotation sensors. Singh et al. [202,203] discussed
the reflection and transmission properties of plane waves in a rotating triclinic
crystal half-space and in a PE-thermoelastic composite structure. Based on the
surface waves gyro effect, researchers have developed SAW gyroscopes with
good linearity and detection sensitivity [193,204-206].

As a kind of micromechanical gyroscope, SAW gyroscope has the advantages
of passive, wireless, small size, high sensitivity and strong impact resistance. The
gyroscopes based on surface wave gyro effect have strong anti-vibration ability,
high reliability and wide dynamic range without additional suspension structure.
In addition, the planar lithography technology greatly reduces the production cost
and the device life is ideal, so it has attracted wide attention. However, compared
with the gyroscopic wave problems in elastic or PE materials, there are few
reports on the consideration of rotation-effect sound waves in PSs, and there are
no studies on magnetically driven surface wave gyroscopes in PSs.

In this Chapter, based on the multi-field coupling theoretical including
Coriolis and centrifugal force, the propagation of SH waves in the PM/PS layered
structure when rotating around a fixed axis is studied, including the dispersion
characteristics, attenuation characteristics and frequency drift of SH waves, and
the influence of semiconductor characteristics and horizontal biasing electric field
on the MCSs in the presence and absence of rotation is explored.

5.1 Formulation of the problem

Ω1 = 0

PM substrate

PS thin film

x3

O

Ω3 = 0

Ω2 = Ω
SH waves

h x1

Fig. 5.1 A rotating PS and PM layered half-space

x2
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The layered composite structure as shown in Fig. 5.1 is established, where a n-
type PS with thickness h is perfectly bonded on a PM half-space substrate. The PS
and PM materials are assumed to be transversely isotropic. The SH waves
propagate along positive x1-axis, and the poling directions along x3-axis. The
whole structure rotates around the x2-axis at a constant rate Ω.

5.1.1 Basic equations of PS layer

According to existing studies [71,143,144,196,197], the equilibrium equations of
PS layer including Coriolis and centrifugal force can be expressed as:
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where εijk is the permutation tensor. Ωi represents the angular velocity, since the
layered structure rotates around the x2 axis, so (Ω1，Ω2，Ω3) = (0，Ω，0).

By substituting the Eq. (5.1) into the previous constitutive equation, the
coupled wave equation of the rotating PS layer can be obtained:
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5.1.2 Basic equations of PM substrate

For PM substrate, the PE coefficient, carrier concentration, mobility and diffusion
coefficient in Eq. (5.1) are all zero, and the presence of PM coefficient is added.
Therefore, the field governing equation with rotation is:
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where the superscript m represents the physical quantity in the PM substrate.
Similarly, by substituting the equilibrium equation (5.3) into the constitutive

equation, the coupled wave equation of the rotating PM substrate can be obtained:
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5.1.3 Boundary conditions and radiation conditions

When SH waves propagate in PM/PS layered structure, it needs to satisfy not only
the governing equations, but also the boundary conditions and continuity
conditions.

On the upper surface of the PS cover (x2 = h), assuming that the stress is free.
In addition, there are boundary conditions for electricity and magnetism:
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It is assumed that the disturbed carrier concentration disappears on the upper
and lower surfaces, i.e.

   1 1, 0,  ,0 0n x h n x  (5.6)

The displacement, stress, potential, magnetic potential and current at the
interface should also meet the following continuous conditions:
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The radiation conditions must be satisfied at infinity, i.e., x2 → ±∞:
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5.2 Solutions of the problem

5.2.1 Wave fields in each layer

For SH waves propagating along the x1-axis, we can assume that the trial solution
of the coupled wave equation (5.2) of the PS layer as:

       3 U Φ Ψ N 2 1,  ,  ,  ,  ,  ,  exp expu n A A A A k x ik x ct        (5.9)
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where AU, AΦ, AΨ and AN are unknown amplitudes.
By substituting Eq. (5.9) into Eq. (5.2) and eliminating the common factors,

the homogeneous linear equations with respect to the undetermined coefficients
AU, AΦ, AΨ and AN can be obtained:
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Obviously, the third equation in Eq. (5.10) can be decoupled from the other
three. For AΨ ≠ 0, the parameter η can be easily obtained, i.e., η = ±1, which
represent the two magnetic potential wave components increasing or decaying
away from the boundaries in the PS layer.

In order to obtain nontrivial solutions for AU, AΦ, and AN, the coefficients of
the matrix determinants Eqs. (5.10)1, (5.10)2, and (5.10)4 must be zero. For a
given wave speed c, six different η can be obtained, which are the positive and
negative complex roots of two pairs, and η = ±1. In order to satisfy the boundary
conditions, the total of eight η need to be considered, including the two η obtained
from the third equation after decoupling. Therefore, the complete solution of the
PS layer can be expressed as:
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where AΦj (j = 1-8) are unknown amplitudes. The parameters ηj, amplitude ratios
β1j and β2j corresponding to each root can be easily solved from the homogeneous
linear equations. The solving process is attached at Appendix (A.5.1).

Similarly, for the PM substrate, the complete solution of displacement,
electric potential and magnetic potential can be expressed accordingly as:
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It is worth noting that only three ηm with negative real parts are retained due to
radiation conditions (two of which have negative roots ηm = –1). A

m
j ( j = 1-3) is 

the undetermined amplitude, and 3
m
j  AU

m
j / A

m
j indicates the amplitude ratio 

(see Appendix (A.5.2)). The solutions for the electric and magnetic potentials in 

vacuum are:

(5.13)
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By substituting the complete solution Eqs. (5.11)-(5.13) of each layer to the
corresponding constitutive equation, the physical quantity expressions of each
layer can be obtained as shown in Appendix (A.5.3)- (A.5.5).

5.2.2 Dispersion equation

By substituting the physical quantity expressions of each layer into the boundary
and continuous condition Eqs. (5.5)-(5.7), homogeneous linear equations of
unknown amplitudes AΦj (j = 1-8) and m

jA (j = 1, 2, 3) can be obtained as:

[M]N = 0 (5.14)
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coefficient matrix of 11 × 11:
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(5.15)

.
For a given wave number k, the phase velocity c in the corresponding

complex domain can be obtained by solving Det[M] = 0. The real part of c
represents the wave speed and the imaginary part denotes the attenuation of the
wave amplitude. Since the dispersion equation is trivariate transcendental
equation in the complex domain, the traditional dichotomy, Muller’s method,
perturbation method and Newton iteration method have their own limitations such
as leaky roots and they can be time consuming.

In this Chapter, the solution algorithm [84,207] is adopted as previous study.
For the wave dispersion equation in complex domain, the local minimal modulus
points are found based on the modulus convergence and the null points are
distinguished. The dispersion curves are finally determined by the rectangle
scanning.
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5.2.3 Validation of the result

From the coefficient matrix in Eq. (5.15), we can obtain the results of some
special cases reported in the literature straightforwardly. In this Section, we
discuss three particular cases in absence of rotation accordingly.
5.2.3.1 Love waves in a PS thin film on the elastic half-space

When the considered structure consists of the PS layer over an elastic half-
space, that is, f15 = 0, the magnetic related basic equations and boundary
conditions Eqs. (5.5)3 and (5.7)4 no longer exist. The coefficient matrix in Eq.
(5.15) reduces to the following:
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where j = 1-6. [M] becomes a new coefficient matrix of 9 × 9, which is the Eq.
(27) in [106]. Free from rotation, and by turning the n-type PS into the p-type, the
Love waves in PS layer lying over on an elastic half-space can be obtained [106].
5.2.3.2 Interfacial shear horizontal waves in a layered PE/PM structure

Considering a PM half-space with an overlying semi-infinite PE, the
semiconductor material properties such as n0, μ11, and d11 are zero. At the interface
x2 = 0, the continuity conditions 3 3 23 23,  ,  ,  ,  e m e m e m e mu u T T      
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(5.17)

where  2
1 shc c    with 44 ,shc c   β = e, m. e

shc and m
shc are the

velocities of the bulk shear wave in the PE and PM medias, respectively.
2

44 44 15 11
e e ec c e   and 2

44 44 15 11
m m mc c f   are the elastic constants with the PE

and PM effects accounted for, respectively.
Hence, the dispersion relations in explicit form can be obtained by Eq. (5.17):
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This expression is exact agreement with the result of Eq. (12) derived in [208].
It determines the SH interfacial waves propagating along the perfect PE and PM
interface.
5.2.3.3 Love waves in a purely elastic layered half-space

In particular, an isotropic elastic half-space with the other elastic layer is
considered. The equations in Eqs. (5.2) and (5.4) can be simplified as:

2 2
2 23 3

44 3 44 32 2= ,  =
L H

L L L H H Hu uc u c u
t t

 
 

 
 

(5.19)

where the superscripts L and H denote the involved physical quantities
corrsponding to the layer and half-space medium, respectively. With the

         23 1 3 1 3 1 23 1 23 1, 0,  ,0 ,0 ,  ,0 ,0 ,L L H L HT x h u x u x T x T x   one obtains:
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(5.20)

where 44 44,  .L L L H H H
sh shc c c c   Eq. (5.20) is the well-known classical

dispersion equation for a purely elastic layered half-space which validates the Eq.
(6.4.29) in [209].

5.3 Numerical results and discussions

Consider the PM CoFe2O4 substrate with a covered layer of PS ZnO. The material
properties of CoFe2O4 and ZnO are given in Tables 2.2 and 2.1. Furthermore,
phase velocity and wave number are normalized, i.e., m

SH/C c c and K = kh,

where m
SHc represents the velocity of PM substrate shear bulk wave.

11 1 SHE c  is the normalized horizontal biasing electric field, which is the
ratio of electron drift velocity under the biasing electric field to the wave speed of
ZnO shear bulk. h = 0.1 mm, n0 = 5×1016 m-3 and λ = 0 are taken as basic
numerical examples, in which n0 and λ change the value of one at a time
according to the need.

5.3.1 Effects of rotation on SH waves

Considering the ZnO/CoFe2O4 layered structure described above, the real part
(dispersion characteristics) and the imaginary part (attenuation characteristics) of
the phase velocity in the presence of rotation and in the absence of biasing electric
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field (λ = 0) are investigated. Figure 5.2 shows the relationship between the real
part variation ∆Re(c), imaginary part variation ∆Im(c) and the normalized wave
number at different rotation rates. ∆Re(c) = Re(c)(Ω ≠ 0) – Re(c)(Ω = 0)
represents the difference between the real part of phase velocity obtained with
rotation and without rotation, while ∆Im(c) = Im(c)(Ω ≠ 0) – Im(c)(Ω = 0) is the
difference between imaginary parts. In addition, ω0 used to scale angular rate in
the figures represents natural frequency, namely [188]:

44
0 2

c
h



 (5.21)

Since PE gyroscopes are very small (of the order of 10 mm) and are getting
miniaturized, their operating frequency ω0 is very high. PE gyroscopes are used to
measure an angular rate Ω much smaller than its operating frequency ω0.
Therefore, in the initial data selection of angular rate, Ω = 0.05ω0, Ω = 0.1ω0 and
Ω = 0.15ω0 were considered by reference to [188,196,197].

(a)

(b)
Fig. 5.2 Rotation on SH wave dispersion and attenuation characteristics: (a) the 3D
curves, (b) rotation on the variation of wave speed, and (c) rotation on the variation of
attenuatio

(c)

n

Figure 5.2(a) is the 3D curves of SH waves with rotation. As shown in Figs. 5.
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2(b) and 5.2(c), both the real and imaginary parts of SH waves in the composite
structure become smaller under the influence of rotation, and the variations
increase with Ω. When the kh is small (i.e. long wavelength), both wave speed and
attenuation change markedly, and their variations tend to zero with the increase of
kh, indicating that long waves (in the vicinity of the surface) are more sensitive to
rotation than short waves (deep into the substrate). Figure 5.2(c) shows that
rotation can enhance the attenuation, but the attenuation increases to a maximum
firstly and then tends to zero. For different Ω, the inflection points of attenuation
occur at kh = 1.605.

Further, we get the relative change of SH waves phase velocity in the rotating
field as shown in Fig. 5.3, that is, the relative change of real part

         Re Re ( ) ( ) ( )Re 0 Re 0 Re 0c cc cc       - and the relative

change of imaginary part          Im Im Im ( ) Im ( ) Im ( 0)0 0c cc c c       - .

Since ω = kc, Figure 5.3 is actually relative changes in frequency (relative
frequency drift, which will be discussed below).

(a)
Fig. 5.3 Rotation on the relative variation of SH wave phase velocity: (a) the relative
change in the real part of phase velocity, and (b) the relative change in the imaginary part
of phase velocit

(b)

y

The trend of the real part in Fig. 5.3(a) is opposite to that in Fig. 5.2(b), where
the relative change of the real part decreases as the wave number increases, but
also tends to zero. In Fig. 5.3(b), the relative change in the imaginary part is still
negative, because the absolute value of the change in the imaginary part is divided
by the imaginary part (the attenuation) is still negative.

5.3.2 Changes in frequency shift and damping coefficient

The angular velocity will also cause the variation of the frequency of SAWs,
namely frequency shift. Figure 5.4 shows the relationship between ∆ω and kh at
different Ω. As seen in the Fig. 5.4, the rotation will lead to the decrease of
frequency. The greater the angular rate, the greater frequency change will be. The
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frequency shifts are relatively large for small wave numbers, and they diminish as
kh becomes increasingly large.

Fig. 5.4 Frequency variation (frequency shift) of SH waves with rotation

In order to better evaluate the attenuation trend, damping coefficient γ is
introduced to describe the attenuation of SH waves. γ represents the attenuation
value in an oscillation period [210], while the oscillation period T can be
expressed as:

 
2

Re
T

k c


 (5.22)

The damping coefficient γ is:

 Im 2exp 2 exp
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c
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  

%

When

(5.23)

% is negative and γ is greater than 1, SH waves attenuation occurs.
The larger the γ, the faster the decay. If % is positive and γ is less than 1, the
amplitude of SH waves will increase along the direction of propagation.

Figure 5.5 describes the damping coefficient and its variation of SH waves
with rotation. Figure 5.5(a) shows the damping coefficient at different Ω. It can be
seen that γ is always greater than 1, indicating that the amplitude attenuates in the
rotating structure. No matter how big the angular rate is, γ reaches the peak at kh =
2.605 and then decreases continuously. In addition, the damping coefficient
curves almost coincide with each other at different Ω. It is found through local
amplification that the larger Ω is, the larger γ will be, but the difference is small.

In order to better observe the difference, ∆γ at different Ω is further obtained
in Fig. 5.5(b). It can be found that the ∆γ also increases with the increase of Ω. At
the same time the variations are always positive, which indicates that the γ with
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rotation is greater than that without rotation. That is, the amplitude will decay
faster during rotation, which is consistent with the conclusion shown in Fig. 5.2(c)
that ∆Im(c) with rotation is negative.

(a)
Fig. 5.5 Rotation effects on the damping coefficient and its change of SH waves: (a)
damping coefficient at different angular rates, and (b) the change in the damping
coefficient at different angular rate

(b)

s

Figure 5.6 shows the direct relationship between the wave speed and the
angular rate. It can be seen from the Fig. 5.6 that the wave speed decreases with
the increase of Ω. This is consistent with the trend of ∆Re(c) with rotation in Fig.
5.2(b). In addition, the wave speed decreases the fastest when kh = 3. With the
increase of kh, the wave speed becomes larger.

Fig. 5.6 The change of wave speed with angular rate at different kh

5.3.3 Effects of initial carrier concentration on SH waves

As an important parameter of semiconductor materials, it is necessary to study the
influence of electron doping concentration on SH waves propagation. Hence, we
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obtain the influence of n0 on SH waves and phase velocity variation with rotation
and without rotation in Figs. 5.7 and 5.8.

Among them, the two dotted lines in Fig. 5.7(a) represent the case without
rotation, i.e., Ω = 0, while the two solid lines denote the case with rotation, i.e., Ω
= 0.1ω0. In addition, the n0 corresponding to the two blue lines (colors are visible
online) is 5×1016 m-3, and the n0 of the two red lines is 10×1016 m-3. It can be seen
in Fig. 5.7(b) that in the two dotted lines without rotation, the wave speed at n0 =
10×1016 m-3 is correspondingly less than that when n0 = 5×1016 m-3, which is
consistent with the existing results that the carrier concentration reduces the wave
speed. In the two solid lines with rotation, the wave speed also decreases as n0

increases. In addition, for two blue and two red lines with the same n0, rotation
results in a decrease in wave speed.

In Fig. 5.7(c), the left and right are Ω = 0.1ω0 and Ω = 0, respectively. Their
trends and values are so close that it is difficult to find the difference, so we need
make a better judgment based on the ∆Re(c) and ∆Im(c) in Fig. 5.8.

(a)

(c)                                   (b)
Fig. 5.7 The influence of steady-state carrier concentration n0 on SH wave propagation
characteristics with or without rotation: (a) the 3D curves, (b) wave speed at different n0,
and (c) attenuation at different n0
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Figure 5.8 shows the effect of three different n0 on the ∆c at Ω = 0.1ω0. Its
variation is corresponding to the real and imaginary parts of the phase velocity
with rotation at n0 minus the real and imaginary parts without rotation. For
example, when n0 is 3×1016 m-3, the real part variation is ∆Re(c) = Re(c)(Ω =
0.1ω0) – Re(c)(Ω = 0). Here, the wave speeds with or without rotation are both
obtained at n0 = 3×1016 m-3. According to Fig. 5.8(a), the three curves almost
coincide, and the change in the real part increases and approaches zero with the
increase of kh. The trends of the two local magnifications are inconsistent, which
shows the wave speed variation does not distribute the way it is supposed to be
(i.e. the larger n0 is, the larger or smaller ∆Re(c) is). According to Fig. 5.8(b), the
larger n0 is, the larger ∆Im(c) will be, where the three points marked are the
minimum values of the imaginary part variations.

Fig. 5.8 The effect of n0

 (a)
on ∆c with rotation (Ω = 0.1ω0

                      (b)
): (a) ∆Re(c) at different n0, and (b)

∆Im(c) at different n0

5.3.4 Effects of biasing electric field on SH waves

The gain effect of surface waves in PSs can be achieved by applying an horizontal
biasing electric field, which has been demonstrated in previous study. Therefore,
Figure 5.9 first verifies the effect of normalized horizontal biasing electric field λ
on the SH waves propagation in absence of rotation. Similar to pure PS without
PM, the horizontal biasing electric field can also make the surface waves gain in
PS and PM composite structure.

The results in Fig. 5.9 are similar to Figs. (3a) and (3b) in [79]. Specifically,
Fig. 5.9(a) shows that the wave speed becomes smaller when λ = 1 (solid red line),
and increases significantly when λ = 3, 5, and 10 ( all dotted lines). In Fig. 5.9(b),
the imaginary part is still negative when λ = 0.5 (solid red line), indicating that the
wave is still decaying. When λ = 1, all imaginary parts are greater than zero, the
SH waves begin to gain, but the gain effect is still not obvious. The gain of the SH
waves becomes apparent when λ is 1.5 and 2, respectively.
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(a)
Fig. 5.9 The effect of horizontal biasing electric fields λ on SH waves without rotation (Ω
= 0): (a) wave speed at different λ without rotation, and (b) attenuation at different λ
without rotatio

(b)

n

Figure 5.10 shows the effect of λ on SH waves propagation in the layered
structure with rotation (Ω = 0.1ω0). Intuitively, Figure 5.10 is very close to Fig.
5.9 when there is no rotation, especially the imaginary part changes in Fig. 5.10(b)
are almost the same as those in Fig. 5.9(b). However, the leftmost end of the real
part in Fig. 10(a) is significantly inconsistent with Fig. 5.9(a).

                                        (a)
Fig. 5.10 The effect of λ on SH waves with rotation (Ω = 0.1ω0

different λ with rotation, and (b) attenuation at different λ with rotatio

 (b)
): (a) wave speed at
n

Consistent with the results in Figs. 5.2-5.3 and Figs.5.7-5.8, the long waves
are more sensitive to the rotating field and steady-state carrier concentration than
the short waves, and Figs. 5.9-5.10 also show that the long waves are more
sensitive to the horizontal biasing electric field.

Further, we obtain Fig. 5.11 which shows the changes of the real and
imaginary parts of the phase velocity with rotation under three different λ. Similar
to Fig. 5.8, the changes in this case are the corresponding real and imaginary parts
of the phase velocity with rotation minus the values without rotation.

The three curves almost coincide in Fig. 5.11(a) which are similar to that in
Fig. 5.8(a). The change in the real part increases with the increase of λ when
locally amplified. Similarly, Figure 5.11(b) shows that the imaginary part changes
also increase with the λ, and all of them eventually approach zero.
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(a) (b)
Fig. 5.11 The effect of λ on ∆(c) with rotation (Ω = 0.1ω0): (a) ∆Re(c) at different λ, and
(b) ∆Im(c) at different λ

In Fig. 5.12, we can get a similar but not identical result as Fig. (5) in [106].
The influence of horizontal biasing electric field on Love waves in PS/elastic half-
space layered structure is obtained in [106], and the result is the first three modes
in the absence of rotation. Figure 5.12 show the variation trends of wave speed
and attenuation with λ at fixed kh = 3 under different Ω (including Ω = 0).

(a)

(c(b) )
Fig. 5.12 The wave speed and attenuation vary with λ at different angular rates (kh = 3):
(a) the 3D curves, (b) wave speed varies with λ, and (c) attenuation varies with λ
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According to Fig. 5.12(b), it can be found that wave speed decreases with the
increase of Ω, which is consistent with the previous conclusions. The wave speed
will decrease as λ increases when λ is relatively small, and the minimum wave
speed occurs at λ = 0.801. Then, the wave speed increases sharply with the
increase of λ until it becomes stable.

Figure 5.12(c) shows that no matter how big Ω is, wave attenuation or gain
may occur under the action of λ. The key turning points corresponding to Ω = 0, Ω
= 0.05ω0, Ω = 0.10ω0 and Ω = 0.15ω0 are λ = 0.7226, 0.7223, 0.7213 and 0.7197,
respectively. When λ are less than the value of these turning points, SH waves will
attenuate. Otherwise, gain will occur, and the maximum gain occurs when λ =
2.201. As λ continues to increase, although the imaginary part is still greater than
zero, the gain effect of the waves will be weakened.

These results show that the waves gain in rotating MCSs can also be regulated
by applying a biasing electric field.

5.4 Summary

Based on the multi-field coupling theory with Coriolis force and centrifugal force,
this Chapter studies the SH waves in PS/PM layered half-space when rotating
around a fixed axis, including the dispersion characteristics, attenuation
characteristics and frequency drift of SH waves, and discusses the effects of
semiconductor characteristics and horizontal biasing electric field on the MCSs in
rotation and non-rotation. Through calculation, the following conclusions are
obtained:

(1) The rotating field will cause the waves dispersion and attenuation. With
the increase of angular velocity, the wave speed and attenuation will decrease
faster. The change of frequency drift and attenuation coefficient will also increase
with the increase of Ω. The rotation sensitivity of small wave number (long waves)
is much greater than that of large wave number (short waves), and all the
variations tend to zero with the increase of kh.

(2) The attenuation coefficient is introduced to better evaluate the attenuation
trend, and the results are mutually corroborated with the attenuation characteristic
curve. The semiconductor characteristics will cause the wave dispersion and
attenuation, and the wave speed will decrease with the increase of steady-state
carrier concentration, and the attenuation characteristics will continue to
strengthen until the maximum.

(3) No matter whether the composite structure rotates or not, surface waves
gain can be achieved by applying an appropriate horizontal biasing electric field.
Furthermore, the wave speed will first decrease to the minimum, then increase
sharply with the increase of the biasing electric field, and finally become flat at
different angular rates. SH wave gain occurs when the normalized horizontal
biasing electric field is greater than the critical turning point (the turning point
varies slightly with different angular rates), and all the maximum gains occur
when the biasing electric field is 2.201.
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5.5 Appendix

The amplitude ratios β1j and β2j(j = 1-6) in Eq. (5.11) and 3
m
j (j = 1-2) in Eq.

(5.12) are respectively:
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By substituting the complete solution (5.11)-(5.13) of the wave fields of each
layer into the corresponding constitutive equation, the physical quantity
expression of each layer can be obtained (the term eik(x1 – ct) is omitted below for
ease).

The expressions of stress, electric displacement, magnetic induction intensity
and current density of the PS overlay are:
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The expressions of stress, electric displacement and magnetic induction
strength of PM substrate are as follows:
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The electric displacement and magnetic induction in vacuum are:
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Chapter 6

Multi-field coupling problems in
piezomagnetic and piezoelectric
semiconductor structures

Compared with PS or piezotronic devices, PE devices are more widely used in
electronic technology, and the development is more mature. There are many kinds
of PE devices, including PE acoustic resonators (quartz crystal resonators, surface
wave resonators, etc.), PE ceramic filters and transformers, PE sensors, PE
gyroscopes, hydroacoustic transducers, etc. As the basic electronic component of
PE devices, PE bimorphs can realize charge separation and potential difference by
applying stress or electric field. For example, PE ceramic bimorphs with opposite
polarization direction along the thickness are bent by the electric field along the
thickness, which causes one layer to stretch and the other layer to shrink. Or when
the extension of the upper and lower layers is not the same, the bimorphs will also
bend and produce displacement.

PE bimorphs can be used for lead bonding, electrical switches, valves and
acceleration sensors. There are many studies on PE bimorphs: Dong et al. [211]
designed a toroidal piezoelectric actuator with twin/single crystal structure, which
has a larger displacement output than a conventional actuator of the same size.
Cui et al. [212] studied the AlN PE bimorph gyroscope with C-axis tilt under
thickness shear mode. Michele et al. [213] designed a wearable energy harvester
based on PE bimorphs by using finite element and experimental methods. In
addition, there are other examples of PE bimorphs in sensors or actuators
[214,215]. As far as we know, there is no research report on PS bimorphs.
Therefore, this Chapter will analyze PS bimorphs as the basic bending element in
piezotronic devices.

On the other hand, based on the PM and PS coupling theory, the researchers
conducted a series of studies on the stretching of MCS rods under static
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[71,143,144] or time-harmonic [149] magnetic fields. Wang et al. [216] studied
the moving charge redistribution of composite beams in pure bending. The
composite rods or beams in the above literature are three or five layers, two of
which are PM materials, and the whole structure is symmetric about the geometry.
Therefore, stretching and bending can be generated separately in these models
without considering the coupling between them. In fact, due to the existence of
multiple contact interfaces, these structures can produce undesirable effects such
as interface damping. One of the effective ways to overcome interface damping is
to reduce the number of layers and interfaces by using only one PM layer in a
MCS composite beam, which is often referred to as a PE unimorph in the case of
containing PE materials [211,217]. The single crystal structure is asymmetrical
with respect to the geometry of the mid-plane, so that bending and stretching in
the mid-plane occur simultaneously and are usually coupled. Obviously, this
requires more complex theoretical models.

Therefore, in this Chapter, we first consider the bending problem of PS
bilayer thin plate (bimorph), derive 2D plate equation from the 3D theory of PSs,
then degenerate to the plate theory without shear deformation, and obtain the
parameters used to characterize the moving charge and load in pure bending. The
bending characteristics of bimorph under uniform load are obtained by using
theoretical analytical solution and numerical solution of finite element. The
influence of local self-equilibrated load on moving charge and potential
barrier/potential well is also considered. Secondly, an 1D model of the flexural
and tensile coupling PS/PM single crystal beam is established, and the magnetic
field driven carrier redistribution in the unimorph beam is analyzed. The
analytical solutions of the mechanical field, electric field and carrier concentration
are derived. The influence of magnetic field and initial carrier concentration on
the electromechanical fields is also discussed.

6.1 Interaction between bending and mobile charges in a
piezoelectric semiconductor bilayer plate (bimorph)

Here, we mainly consider the bending characteristics of bilayer PS plates with
opposite c-axis. 2D plate equations including bending, electric polarization and
mobile charge are derived from the macroscopic theory of 3D PSs. In the case of
pure bending, a combination of physical and geometric parameters is identified
which characterizes the strength of the interaction between the mechanical load
and the distribution of mobile charges. In the bending of a rectangular plate under
a distributed transverse mechanical load, the deflection, electric potential and
carrier concentration are obtained by using the series solution of 2D plate theory
and the 3D finite element numerical solution of COMSOL, respectively. The
results show that the relative error of the two methods is small. In particular, when
the mechanical load is local and self-balanced, the induced carrier distributions
and potential barriers/wells are also localized near the loading area. The results
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are fundamentally useful for mechanically manipulating mobile charges in PS
devices.

6.1.1 Zero- and first-order plate equations for a bimorph

Consider the PS bimorph in Fig. 6.1 of crystals of class (6mm) which includes the
widely used ZnO as a special case. The c-axis of the crystal is along x3 in the
upper layer and opposite to x3 in the lower layer. The reversal of the c-axis causes
a change of sign of the piezoelectric constants.

x3

1•

r•

x2

c

h c

h

x1

Fig. 6.1 A two-layer piezoelectric semiconductor plate (bimorph) with opposite c-axis

We derive a set of first-order plate equations first and reduce them to the
special case of bending without shear deformation. For a first-order plate theory,
following the notation of R.D. Mindlin [218], the displacement u, electric
potential φ, and carrier concentration perturbations Δp and Δn are approximated
by:
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(6.1)

where i = 1, 2, 3， (0)
1u and (0)

2u describe in-plane extensional motion. (0)
3u is

the flexural displacement. (1)
1u and (1)

2u are the shear deformations
accompanying flexure. (1)

3u and (2)
3u describe Poisson’s effects in extension and

bending, which will be eliminated later along with (2)
1u and (2)

2u . φ(0) and φ(1)

describe electric potentials uniform or linearly varying along the plate thickness.
They are consistent with the displacement approximations of a first-order plate
theory with mechanical fields uniform or varying linearly along the plate
thickness. Similarly, p(0) and p(1) or n(0) and n(1) describe charge distributions
uniform or linearly varying along the plate thickness. The first-order plate
equations to be derived are for (0)

iu , (1)
1u , (1)

2u , φ(0), φ(1), p(0), p(1), n(0) and n(1).
6.1.1.1 Bilayer plate strains and gradients

Eq (6.1) leads to the following zero- and first-order plate strains, electric
fields (potential gradients), and carrier perturbation gradients:
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6.1.1.2 Bilayer plate field equations
Integrating the field equations in PSs as well as their products with x3 along

the plate thickness, we obtain the following zero- and first-order plate field
equations:
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where we have introduced a 2D indicial notation that a and b assume 1 and 2 but
not 3. Eq. (6.3)1 is for extension. Eq. (6.3)2 are for flexure with shear deformations.
In Eq. (6.3), the plate electromechanical resultants and moments are defined by
the following integration along the plate thickness:

( ) ( ) ( ) ( )
3 3{ , , , } { , , , } , 0,1

hm m p m n m m p n
ij i i i ij i i ih
T D J J x T D J J dx m


  (6.4)

The electromechanical loads at the plate top and bottom surfaces are
described by:

( ) ( ) ( ) ( )
3 3 3 3 3 3 3 3{ , , , } [ , , , ] , 0,1m m p m n m m m m p m n h

j j ht d j j x T x D x J x J m  (6.5)

6.1.1.3 Bilayer plate constitutive relations
For crystals of class (6mm), combined with the material constants polarized

along the x3-axis, we can obtain the following constitutive relationships:
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For thin plates we set T
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3 = c13S1 + c13S2 + c33S3 – e33E3 = 0. We then solve for
S3 from Eq. (6.6) to obtain:
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The substitution of Eqs. (6.7), (6.8) and Eq. (6.2) into Eq. (6.4) leads to the
following plate constitutive relations:
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The substitution of Eqs. (6.9)-(6.11) into Eq. (6.3) yields eleven equations for
(0)
iu , (1)

au , φ(0), φ(1), p(0), p(1), n(0) and n(1). They split into two uncoupled groups.
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One is for extension with (0)
au , φ(0), p(0) and n(0). The other is for flexure with shear

deformations described by (0)
3u , (1)

au , φ(1), p(1) and n(1). We are interested in the
latter.

6.1.2 Plate theory without shear deformations

The equations for flexure with shear deformations in the previous Section is a
Reissner-Mindlin type plate theory with shear deformations described by (1)

au .
Next we reduce it to a Kirchhoff type plate theory without shear deformations.
First we neglect the rotatory inertia described by 2h3/3 on the right-hand side of
Eq. (6.3)3 to obtain the shear force-moment relations as:

(0) (1) (1)
3 ,b ab a bT T t  (6.12)

which serves as the constitutive relations for the transverse shear force (0)
3bT . The

substitution of Eq. (6.12) into Eq. (6.3)1 gives the following Kirchhoff bending:
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Then we set the plate shear strains (0)
23S and (0)

31S to zero. This implies, from
Eq. (6.2)2 to obtain:

(1) (0)
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which is used to eliminate (1)
au in the constitutive relations in Eqs. (6.9)3, (6.9)4

and (6.10). We gather the relevant constitutive relations for Kirchhoff bending as:
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The relevant field equations of electrical origins are:

3
(1) (0) (1) (1) (1)
, 3

3
(1) (0) (1) (1)

, 3

3
(1) (0) (1) (1)
, 3

2 ( )
3

2
3

2
3

a a

p p p
a a

n n n
a a

hD D d q p n

hJ J j qp

hJ J j qn

   

   

  





(6.18)

With successive substitutions from Eqs. (6.15)-(6.17) and Eq. (6.12), we can
write Eq. (6.13) and Eq. (6.18) as four equations for (0)

3u , φ(1), p(1) and n(1). At the
boundary of a plate with an in-plane unit exterior normal n and an in-plane unit
tangent s, the usual boundary conditions may be:

(0) (1) (0)
3 , 3

(1) (0)
3,

(1) (1)

(1) (1) (1) (1)

or

or

or

or , or

n ns s

nn n

n

p n
n n

T T u

T u

D

J p J n





(6.19)

where Eq. (6.19)1 represents the transverse shear force or deflection, Eq. (6.19)2

the bending moment or rotation, Eq. (6.19)3 the charge or electric potential, and
Eq. (6.19)4 the current densities or carrier concentrations.

6.1.3 Pure bending

Consider the static bending of a plate with an arbitrary and smooth boundary
curve without corners. It is under a uniform bending moment M0 only per unit
length along the boundary. There are no charges and currents at the boundary. The
boundary conditions are:
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In this case, from Eqs. (6.13) and (6.18), the governing equations are:
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It can be verified that a pure-bending solution with constant (0)
3,11u , (0)

3,22u , (0)
3,12u ,

(1) , (1)p , (1)n and hence constant (1)
abT satisfies Eq. (6.20) and Eq. (6.21). We

are mainly interested in the bending induced potential and charge carrier
distributions which are found to be:
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where k is an electromechanical coupling coefficient and D is the Debye-Hückel
length. From Eq. (6.22) we calculate the charge in the upper half of the plate per
unit area as:
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γ describes the charge produced by unit M0 and can be used as a measure of the
strength of the interaction between the mechanical load and mobile charges in
pure bending. It depends on the structural parameters of the plate only.

For numerical results we consider ZnO and AlN. The main parameters of ZnO
have been given in Table 2.1 of Chapter 2, but the calculation in this Chapter will
involve more elastic, piezoelectric and dielectric constants, so it is completely
listed again after referring to literature [19]:
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The density of ZnO [19] is ρ = 5680 kg/m3, while the density of AlN [219] is
ρ = 3260 kg/m3. For AlN, the complete elastic, piezoelectric and dielectric
constant are [219]:
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Therefore, considering the thickness of single-layer PS plate h = 50 nm and
the initial carrier concentration p0 = n0 = 1023 /m3 , the relationship curves between
γ and λD, γ and h can be obtained according to Eq. (6.23). It is easy to see from Eq.
(6.23) that they are monotonically, and the obtained Fig. 6.2 also conforms to the
trend of monotonically decreasing.

Fig. 6.2 γ versus λD

     (a)
and h: (a) γ versus λD

                                      (b)
when h = 50 nm, and (b) γ versus h when p0 = n0

= 1023/m3

If there are many initial carriers from doping with a larger p0+n0, we expect a
larger γ. Indeed in this case λD becomes smaller according to Eq. (6.22) which
leads to a larger γ according to Eq. (6.23) as shown in Fig. 6.22(a). We note that
λD cannot go to zero because that requires unrealistically large values of the
doping levels described by p0 and/or n0. On the other hand, for very small values
of p0 and n0, there are not many mobile charges. The value of λD is large according
to Eq. (6.22) and γ approaches zero according to Eq. (6.23) as expected which can
also be seen in Fig. 6.22(a).

In Fig. 6.22(b), h cannot go to zero because in that case the plate bending
stiffness is very small which leads to large deformations and the above linear
analysis is invalid. When h is large, the plate is very stiff. There is not much
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deformation and hence the piezoelectrically-induced electric field due to
deformation is weak which cannot drive many mobile charges. Hence γ is small
for large h.

6.1.4 Bending of a rectangular plate under distributed load

As an example of nonuniform bending under a static and distributed transverse
load described by (0)

3 1 2( , )t x x we consider a simply-supported rectangular plate
within 0 < x1 < a and 0 < x2 < b. Electrically the plate edges are grounded without
charge accumulations there. The boundary conditions are:

(0) (1) (1) (1)
3 1
(0) (1) (1) (1)

22
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where Tmn are known. Wmn, Φmn, Pmn and Nmn are undetermined constants. Then
the boundary conditions in Eq. (6.26) are automatically satisfied.

By substituting Eq. (6.15) in the rectangular plate into Eqs. (6.13), (6.16) and
Eq. (6.17) into Eq. (6.18), four linear algebraic equations with respect to (0)

3u , φ(1),
p(1) and n(1) can be obtained with the summation form as follows:
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(6.28)

By substituating Eq. (6.27) in the rectangular plate under distributed load into
the above Eq. (6.28), four linear algebraic equations about Wmn, Φmn, Pmn and Nmn
can be obtained, namely:
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Eq. (6.29) with undetermined coefficients can be solved by MATLAB
programming. m and n both range from 1 to 60 so that 60 × 60 terms of the series
are used with which the figures plotted become stable and do not show visible
differences when more terms are used. Specifically, consider a plate under

(6.29)

a

uniform  0
3t = f = 1 N/m2 within a rectangular region center at (x0, y0) as shown in

Fig. 6.3. The coefficients of the trigonometric series expansion for this particular
load are given by:

  0 0 0 0
4 1 cos( ( )) cos( ( )) cos( ( )) cos( ( ))mn m m n n

m n

T x c x c y d y d
ab

   
 

       (6.30)

For numerical results consider a plate with h = 50 nm, a = 3600 nm, b = 4800
nm, c = 600 nm, d = 800 nm, x0 = 0.5a, y0 = 0.5b, and p0 = n0 = 1020/m3. The
mobility of holes and electrons in ZnO are given by and μp = 180 cm2V-1s-1 and μn
= 200 cm2V-1s-1 [70] which are used for both μ11 and μ33.

2c

(x0, y0
2• ) d

x1

x2

Fig. 6.3 A rectangular plate and loading area

The distributions of the deflection (0)
3u , potential (1) , hole and electron

concentration perturbations described by (1)p and (1)n are shown in Fig. 6.4
including a comparison with 3D finite element numerical results from COMSOL.
Qualitatively the two solutions agree well. Quantitatively a comparison is shown
in Table 6.1 in which there is a small difference as expected from a 2D plate
theory when compared to the 3D theory.

aO

b
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Table 6.1 Quantitative comparison of series and numerical solutions at (x1, x2) = (x0, y0)
Series solution COMSOL solution Relative error

 0
3u / (m) 2.1786 × 10–14 2.1710 × 10–14 0.35%

 1 /(V/m) –10.0377 –9.5641 4.72%

 1p /(m-4) 3.8606 × 1022 3.6928 × 1022 4.35%

 1n /(m-4) –3.8606 × 1022 –3.6928 × 1022 4.35%

It can be seen from Fig. 6.4 that a transverse mechanical load produces
electric potential and mobile charge distributions in addition to deflection. Thus it
is possible to manipulate the mobile charges mechanically. Eq. (6.15) shows that

(1) is closely related to the bending moment and curvature. The locally applied
transverse load produces bending moments everywhere in the plate. Therefore the
electromechanical fields caused by the local transverse load spread all over the
plate while being large near the center where the curvature and moment are large.
The charge carriers are driven by (1) and therefore they assume similar
distributions as shown in Figs. 6.4(e)-6.4(h) in which the holes and electrons
move in opposite directions as expected.

(a) (b)

(c) (d)
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(e) (f)

(g)
Fig. 6.4 Comparison of series and numerical solutions: (a) deflection by series solution,
(b) deflection by COMSOL, (c) electric potential by series solution, (d) electric potential
by COMSOL, (e) hole distribution by series solution, (f) hole distribution by COMSOL,
(g) electron distribution by series solution, and (h) electron distribution by COMSO

(h)

L

For the same ZnO plate as in Fig. 6.3, in addition to  0
3 1t f  N/m2 within

the loading area in Fig. 6.3, we apply a second locally uniform transverse load
 0

3t f  within in a smaller local region also centered at (x0,y0) as shown in Fig.
6.5(a). We require      2 2 2 2f c d f c d    so that f and f  together form a
set of self-equilibrated load. We have:

  0 0 0 0
16 1 cos( ( )) cos( ( ) cos( ( )) cos( ( )mn m m n n

m n

T x c x c y d y d
ab

   
 

           

(6.31)

In the case of c = 300 nm, d = 400 nm for which f  = 4 N/m2, the
distributions of the total applied load, deflection (0)

3u , potential (1) , and carrier
concentration perturbations described by (1)p and (1)n are shown in Figs. 6.5(b)-
6.5(f). It can be seen that in this case, qualitatively different from Fig. 6.4, the
electromechanical fields produced by the mechanical load are also localized,
which offers more flexibility for mechanically manipulating the mobile charges in
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the plate.
The total load in Fig. 6.5(b) is described by a piecewise constant function with

some finite discontinuities and thus its trigonometric series representation shows
Gibbs oscillations. The other fields are continuous functions and are without
Gibbs oscillations.

O

b

2c＇

2d＇(x0, y0)

x2

x1

a
(a) (b)

(c) (d)

(e)
Fig. 6.5 Electromechanical fields under self-equilibrated load: (a) area of additional
loading, (b) self-equilibrated load, (c) deflection, (d) electric potential, (e) hole
concentration perturbation, and (f) electron concentration perturbatio

(f)

n

For the same plate with the local and self-balanced load in Fig. 6.5(b), we
examine the effects of various parameters through the distribution of the electric
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potential (1) in Fig. 6.6.
In Fig. 6(a), as the load intensity f increases, the deformation becomes larger

with a stronger polarization and hence the higher electric potential shown. In Fig.
6(b), the bending stiffness of the plate increased with its thickness, resulting in a
lower potential. In Fig. 6(c), the potential distribution becomes wider and higher
as the loading area increases. In Fig. 6(d), as p0 and n0 increase, there are more
mobile charges which screen the piezoelectrically-induced electric potential more
severely and lead to a lower voltage. These qualitative trends are all physically
correct.

(a) (b)

(c)
Fig. 6.6 Potential distribution along x1

(b) effect of the plate half thickness h, (c) effect of the loading area c, and (d) effect o

                                           (d)
under self-equilibrated load: (a) effect of the load f,

f
initial carrier concentrations p0 and n0

6.2 Coupled bending and extension of piezoelectric
semiconductor/piezomagnetic unimorphs under a
transverse magnetic field

In Section 6.1 above, we studied the multi-field coupling characteristics of PS
bilayer plate (bimorph) without coupling PM materials. In this Section, we
continue to discuss the coupling response of the PM/PS composite beam under
transverse magnetic field. First, the 1D coupling equations of bending and
extension are derived according to the 3D theory, and then the analytical solutions
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are obtained. The influence of the magnetic field and the initial carrier
concentration on the electromechanical fields is studied, and the coupling
coefficient is introduced to represent the coupling strength between PM and PS.

6.2.1 1D equations for unimorphs

Consider the thin beam unimorph in Fig. 6.7 consisting of a PS layer (layer (1))
such as ZnO, and a PM dielectric layer (layer (2)) such as CoFe2O4 or Terfenol-D.
The x3-axis is at the geometric middle plane which experiences both axial
extension and bending because of the lack of structural and material symmetry
about the middle plane.

In Fig. 6.7, the primed local coordinate system is for the PM layer only. The
unimorph is under a transverse magnetic field H along the 3  or the thickness
direction of the PM layer. H is assumed to be known and uniform in the PM layer.
It produces an axial extension in the PM layer through the piezomagnetic constant
f31 in the local coordinate system and thus produces coupled extension and
bending of the whole structure. The lateral surface of the unimorph is
unelectroded. The electric field outside the unimorph is neglected as a usual
approximation.

x1

x2

h2

h1x3

(2) PM

(1) PS

M

c

3

1'

'

Fig. 6.7 A unimorph of a PS layer and a PM layer

Consider the extension and bending of the unimorph in the x3-x2 plane. The
extensional and bending displacements of the whole structure are described
approximately by the following expressions according to the conventional
mechanics of materials:

2 3 3 3 2 ,3( , ), ( , )u v x t u w x t x v   (6.32)

where v and w are the flexural and extensional displacements of the middle plane.
So the axial strain S3 is expressed in terms of w and v as:

3 3,3 ,3 2 ,33S u w x v   (6.33)

The electric potential and field in the entire unimorph as well as the carrier
concentration perturbations in the semiconductor layer only are approximated by:

3 3 ,3

3 3

( , ),
( , ), ( , )
x t E

p p x t n n x t
    

     
(6.34)

x2
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For the upper ZnO layer, under the usual stress relaxation for thin beams that
the transverse normal stress components T1 = T2 = 0, the 1D constitutive relations
for the axial stress, electric displacement and current densities are:
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where S = S33, T = T33, E= E3, D = D3, 3
p pJ J , 3

n nJ J , 33
p p  , 33

n n  ,

33
p pD D and 33

n nD D . c(1), e(1) and ε(1) are the effective 1D material constants
under T1 = T2 = 0. They are related to the 3D material constants through:
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(6.36)

Similarly, for the lower PM layer (CoFe2O4 or Terfenol-D), under the stress
relaxation for thin beams that in the local coordinate system 2 3T T  =0, the
relevant 1D constitutive relation for the axial fields take the following form:

(2) (2) (2) (2)
,3 2 ,33

(2)

( )T c S h H c w x v h H

D E
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
(6.37)

where the effective 1D material constants are defined by:
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For the two layers together, the total axial force

(6.38)

T̂ , transverse shear force Q,
bending moment M, and axial electric displacement D̂ are defined by the
following integrations over a cross section:
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The constitutive relation for the shear force Q in Eq. (6.39)2 is not needed. It
will be provided by the bending moment-shear force relation below as usual in
mechanics of materials.

From the equations of motion of the differential element of the unimorph in
Fig. 6.8 in the x3- and x2-directions as well as its moment equation, we have:

   
 

(1) (2) (2) (1) 1 2
,3 1 2 ,3

(1) (2)
,3 1 2

,3

ˆ
2

0

h hT b h h w b v

Q b h h v

M Q

   

 

   

 

 

 

 (6.41)

where the rotatory inertia has been neglected. Eq. (6.41)3 is the so-called bending
moment-shear force relation in mechanics of materials. Eq. (6.41)3 and Eq. (6.39)3

together imply the following constitutive relation for the transverse shear force:

2
,3 ,33 ,333 ,33ˆ ˆ

2
hQ M c w Dv e     (6.42)

Similar to the derivation of Eq. (6.41), by considering the differential element
in Fig. 6.8 under electrical loads, the charge equation of electrostatics can be
written as:

  (1)
,3D̂ q p n A    (6.43)

The 1D conservation of holes and electrons are reduced as ,3( ) pq p J
t

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

and ,3( ) nq n J
t


 


.
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x3
M M+dM

Q
Q+dQ

ˆ ˆT dT
T̂

x2

Fig. 6.8 A differential element of the unimorph under mechanical loads

The substitution of Eq. (6.35)3,4, Eq. (6.39)1, Eq. (6.39)4, Eq. (6.42) into Eq.
(6.41)1,2 and Eq. (6.43) gives five equations for w, v, φ, p and n.

6.2.2 Analytical solutions

To exhibit the effects of H on charge carriers in the simplest manner, consider the
static bending and extension of a unimorph within [-L, L] under a uniform H only
without other electromechanical loads. The PS layer is doped into an n-type
semiconductor with p0 ≈ 0 and Δp ≈ 0. The above five equations for w, v, φ, p
and n can be reduced to four equations for w, v, φ and n, namely:
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(6.44)

The boundary conditions for this problem are:

ˆ ˆ( ) 0,  ( ) 0,  ( ) 0,  ( ) 0,  ( ) 0nT L M L Q L D L J L          (6.45)

Since there are no boundary conditions prescribed directly on the bending and
extensional displacements as well as the electric potential, the solutions of the
mechanical fields have rigid-body translations and rotation of the unimorph. At
the same time, the electric potential may have an arbitrary constant which does
not make any difference in the electric field it produces. To make the mechanical
displacements and the electric potential unique, we set:

(0) 0,  ( ) 0,  (0) 0w v L     (6.46)

Eqs. (6.44)-(6.46) represent the boundary-value problem of a system of linear
ordinary differential equations with constant coefficients. Its solution can be
obtained in a systematic manner. The procedure of solving the equations is shown
in Eqs. (A.6.1)-(A.6.9) of Appendix. The result is found to be:

dx3
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where
(1)

2 0
n

n

qn Ak
D







,    1 2A A A  ,
2ˆˆ= + e
c




  ,

2
2

2

2

ˆ ˆ1 4
ˆ ˆ

hc c h D

c cD c

 



. In addition,

   2

1 2 2 1

ˆ ˆ cosh

ˆ ˆ ˆ
4 2 2

k cD c kL
h h h hc c c D


 

   
.

Then the axial electric field, electric displacement and electric polarization
can be calculated as:
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(6.50)

The total charge in the right half of the unimorph due to the motion of
electrons can be calculated and written as:

 1 30

LeQ bh q n dx H     (6.51)
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where
 

1 2 2 1
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     
 . γ represents the amount

of charges produced by a unit magnetic field and may be used as a measure of the
strength of the magneto-semiconduction coupling. It is a structural property
depending on the physical and geometric parameters. The contributions from PM
and PE couplings appear explicitly as a product effect. The effects of the
parameters of semiconduction appear as a combination through k.

6.2.3 Numerical results and discussions

In the numerical calculation, the material constants of the PS layer ZnO are shown
in Eqs. (6.24a)-(6.24c). The material constants of the PM layer CoFe2O4 and
Terfenol-D are listed in Table 3.1. Consider a unimorph of ZnO and CoFe2O4 with
L = 0.6 μm, 1h = 0.03 μm, 2h = 0.05 μm, b = 0.2 μm, 21

0 =10n /m3, and H =
310 A/m as our basic example. Some of these parameters and the PM material may

be varied one at a time below.
Figures 6.9 and 6.10 show the basic behavior of the structure, i.e., the

development of various electromechanical fields in the unimorph under a
magnetic field.

(a)

(b)
Fig. 6.9 Effects of H on electromechanical fields (mechanical physical quantities): (a)
effect of H on extensional displacement, (b) effect of H on flexural displacement, and (c)
effect of H on strai

(c)

n
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Among them, Fig. 6.9 shows the distribution of electromechanical field
(mechanical physical quantities) under the magnetic field H. Figures 6.9(a) and
6.9(b) are the familiar extensional and flexural displacements in the mechanics of
materials produced by PM coupling. Figure 6.9(c) shows the corresponding strain.
It can be seen that they all increase with the increase of magnetic field intensity,
indicating that the magnetic field regulation effect is obvious.

These mechanical fields in turn produce the electric potential in Fig. 6.10(a),
electric field in Fig. 6.10(b), electric displacement in Fig. 6.10(c), polarization in
Fig. 6.10(d), and effective polarization charge in Fig. 6.10(e) through PE coupling.

(a) (b)

(c) (d)

(e)
Fig. 6.10 Effects of H on electromechanical fields (electrical physical quantities and
carrier distributions): (a) electric potential, (b) axial electric field, (c) electric
displacement, (d) electric polarization, (e) effective polarization charge density, and (f)
electron concentration perturbatio

(f)

n
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Since the PE layer is semiconducting, the electric field or the effective
polarization charge drives the electrons to move and redistribute themselves to
screen the effective polarization charge as shown in Fig. 6.10(f). As expected,
these electromechanical fields become stronger when H increases.

If the doping level of the electrons described by n0 is varied, the effects are
shown in Figs. 6.11-6.12. The mechanical fields in Fig. 6.11(a) and Fig. 6.11(b)
are mainly produced by H and are insensitive to n0.

(a)

(b)
Fig. 6.11 Effects of

(c)
n0 on electromechanical fields (mechanical physical quantities): (a)

effect of n0 on extensional displacement, (b) effect of n0 on flexural displacement, and (c)
effect of n0 on strain

Similar to Fig. 6.10, Figure 6.12 shows the distribution of electric potential,
axial electric field, electric displacement, electric polarization, effective polarized
charge density and electron concentration perturbation at different n0. Different
from the mechanical fields in Figs. 6.11(a) and 6.11(b) that are insensitive to n0,
the other fields in Figs 6.12(a)-(f) are of electrical origin and are sensitive to the
mobile charges represented by n0. This is because the initial electron
concentration affects the electric fields directly. However, its effect on the
mechanical fields is indirect, through PE coupling which is not particularly strong
in ZnO.

For larger values of n0, it can be seen from
(1)

2 0
n

n

qn Ak
D





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that k increases
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and hence all hyperbolic functions in Eqs. (6.49)-(6.50) change more rapidly,
which agrees with Figs 6.12(a)-(f).

(a) (b)

(c) (d)

(e)
Fig. 6.12 Effects of n0

carrier distributions): (a) electric potential, (b) axial electric field, (c) electric
displacement, (d) electric polarization, (e) effective polarization charge density, and (f)
electron concentration perturbatio

 (f)
on electromechanical fields (electrical physical quantities and

n

Figure 6.13 shows the magneto-semiconduction coupling coefficient γ versus
the ratio of the PS layer thickness over the total thickness, which is effectively the
volume fraction of the PS layer. When the PS layer is very thin and the volume
fraction is close to zero, there are not many electrons and hence γ is small. In the
other extreme case when the PS layer is very thick and the volume fraction is
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close to one, there is not much PM material to deform the structure under H, and γ
is also small.

Fig. 6.13 γ versus the volume fraction of the PS layer: (a) ZnO/CoFe
(a) (b)

2O4 composite beam,
and (b) ZnO/Terfenol-D composite beam

In Fig. 6.13, when the volume fraction is in the medium range between zero
and one, the neutral axis of the unimorph where there is zero axial strain may be
within the PS layer. Above and below the neutral axis the axial polarization
changes its sign which has a canceling effect on the next axial polarization. This
has an adverse effect on the net effective polarization charge and tends to lower
the coupling coefficient. This may be responsible for that the curves in Fig. 6.13
are somewhat complicated with two peaks in most cases.

Fig. 6.14 n/
(a) (b)

n0 versus the volume fraction of the PS layer at different locations along the
unimorph: (a) ZnO/CoFe2O4 unimorph, and (b) ZnO/Terfenol-D unimorph

Further, we obtained the relationship curves between n/n0 and the volume
fraction h1/(h1 + h2) of the PS layer at different positions of the unimorph as
shown in Fig. 6.14. Similar to Fig. 6.13(a), the curves of ZnO/CoFe2O4 unimorph
in Fig. 6.14(a) are all above 0, while the curves of ZnO/Terfenol-D unimorph in
Fig. 6.14(b) are all below 0. The perturbation carrier concentration of x3/L = 1 at
the end of the unimorph will change more dramatically regardless of the
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combination of materials, because the moving charge of the PS layer is driven to
the two ends of the beam under the magnetic field.

6.3 Summary

Based on the magneto-mechanical-electric-carrier multi-field coupling, the
bending coupling characteristics of PS bilayer plate (bimorph) and the
electromechanical response of PS/PM composite unimorph are studied
respectively.

The 2D plate equations are derived from the 3D theory for the PS bimorph
with opposite c-axis. The electromechanical fields of the rectangular plate under
uniform load are obtained by using the 2D plate theoretical series solution and
COMSO finite element numerical solution. The distribution of electromechanical
field and potential under local self-equilibrated load is also discussed.

In addition, the influence and regulation of transverse magnetic field on the
coupling response of composite unimorph composed of PM layer and PS layer are
studied. Also based on the 3D theory, the 1D coupling model of bending and
extension of composite beam is established. By solving the boundary value
problem of ordinary differential equations (ODEs) to determine the unknown
constants, the analytical solutions are obtained. The effects of magnetic field
intensity and initial carrier concentration on electromechanical field are analyzed.
At the same time, the coupling coefficient γ is introduced to characterize the
coupling strength. The results show that:

(1) The 2D plate equations of PS bimorph exhibit complex bending, electric
polarization and moving charge coupling characteristics. The physical quantity γ,
which represents the interaction between bending and moving charge, decreases
with increasing h and increases with increasing p0 and n0.

(2) In the PS bimorph, if the uniform load in rectangular region is considered,
the results obtained by 2D plate theoretical series solution and 3D finite element
numerical solution are qualitatively and quantitatively close. In particular, when
the uniform load is a locally self-equilibrated load, the rectangular loading region
is induced to generate local charge distributions and potential barriers/potential
wells.

(3) The composite beam composed of PS layer and PM layer has no
symmetry in the geometry, so the coupling of bending and extension occurs in the
unimorph mid-plane. The results show that the moving charge of the
semiconductor layer will be redistributed under the magnetic field and move to
the two ends of the beam to shield the effective polarized charge. The greater the
magnetic field intensity, the larger the mechanical field and the electrical physical
quantity will be, and the change is obvious. However, the effect of the n0 on the
mechanical field is not obvious, and the effect on the electrical physical quantity
is greater.
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6.4 Appendix

The process of solving the analytical solution of the PS/PM composite beam
under the transverse magnetic field, i.e., Eqs. (6.44)-(6.46), as described in
Section 6.3.2, is actually a boundary value solution problem for a system of ODEs.
First, consider that the current of the unimorph is always zero, that is,

0 ,3 ,3( ) 0n n nJ qn qD n      . By integrating the equation, we get:

0
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In addition, according to shear force equal to zero there are:
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According to Eq. (6.44)1 and Eq. (A.6.2), the expressions of w,33, v,333

can be obtained as follows:
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By substituting Eq. (A.6.3) to Eq. (6.44)3, a second-order non-
homogeneous linear differential equation with constant coefficients for φ
can be obtained:
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namely:
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of Eq. (A.6.5) is:
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According to the antisymmetric distribution of the potential φ of the
unimorph, φ is an odd function in the range of [–L, L]. Therefore, we get
φ(–x3) = –φ(x3), and when combined with φ(0) = 0, we get C1 = 0 and C2 = C3.
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Therefore, the general solution of φ is reduced to φ = 2kC2 sinh(kx3). By
substituting the simplified general solution into the Eq. (A.6.3), the
extension displacement and bending displacement components w and v are:
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Obviously, a total of 8 unknown constants C1-C8 can be obtained to
determine w and v, and then the expressions of other physical fields can be
determined accordingly. By substituting the Eq. (A.6.7) into the boundary
conditions w(0) = 0 and v(±L) = 0, C5 = C7 = 0 is obtained.

Considering that some boundary conditions are satisfied automatically,
and D̂ and v are even functions, then using the boundary conditions
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Then, the unknown constants C2, C4, C6 and C8 are respectively:
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Therefore, by solving the unknown constants C1-C8, the analytical
solution of the electromechanical fields can be finally obtained, as shown in
Eqs. (6.47)-(6.50) in Section 6.3.2.



Chapter 7

Conclusions and prospects

7.1 Conclusions

PSs have both piezoelectric and semiconductor properties, and have important
application prospects in the fields of communication, sensing, energy harvesting,
etc. When a PM material is added or embedded in PSs, a more complex three-
phase coupling of piezoelectric, semiconductor and magnetic properties can be
achieved. The characteristics of PS devices can be controlled remotely through
external biasing field, which becomes a good choice for the development of PS
devices. In this thesis, based on the macroscopic theory of magneto-mechanical-
electric-carrier multi-field coupling, the propagation characteristics of SAWs in
PM and PS composite structures are studied, including SH-type surface waves in
PM/PS layered half-space, dispersion and attenuation characteristics of Love and
Rayleigh waves in PM/PE/semiconductor composite structures, the regulation of
SH waves in MCSs by initial stress and rotation. In addition, the multi-field
coupling behavior of PS bimorph and MCS unimorph is studied in detail. The
main conclusions are as follows:

(1) Based on the 3D linear theory, the analytical solution of the dispersion
equation is obtained for the PS/PM layered half-space. Numerical examples show
that the phase velocity of SH wave decreases with the increase of initial carrier
concentration, covering thickness and PE constant, but the wave speed and
attenuation do not depend on the change of PM constant. The influence of
semiconductor properties on the real and imaginary parts of the mechanical and
electricity related physical quantities is large, while the influence on the magnetic
related quantities is relatively small as it is indirect. On the other hand, when the
PM layer/PS half-space is considered, the analysis shows that the Love wave
speed and attenuation of the first three order in the open circuit are
correspondingly smaller than that in the short circuit, and the propagation
characteristics of the Love waves depend significantly on the thickness of the PM
layer.
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(2) The propagation characteristics of Love waves and Rayleigh waves are
obtained by using a three-layer composite model of PM, PE and semiconductor.
Unlike the bilayer structure of the PS/PM half-space, the Love and Rayleigh
waves in this composite structure only dispersion without attenuation. The higher-
order mode wave speed starts from the shear wave velocity of the semiconductor
substrate, and all have cutoff frequencies, but the first-order mode of Rayleigh
waves is the basic mode starting from the substrate Rayleigh wave velocity. The
wave speed of the first three modes of Love wave and Rayleigh wave decreases
obviously with the increase of PM layer thickness, but does not change with the
initial carrier concentration of the substrate. Only the wave speed of the second
and third modes of Rayleigh wave changes slightly with the change of PE layer
thickness. The wave speed of Love waves decreases with the increase of f15, and
the analytical solution of Rayleigh waves is simultaneously related to the three
PM constants (f15, f31, and f33), so the influence of f15 on Rayleigh waves is
relatively limited. The influence of different material combination on Rayleigh
waves is greater than that on Love waves.

(3) The effect of initial stress on SH waves in PS plate and PS/PM composite
plate is studied. In the PS plate, the phase velocity of SH wave decreases and the
attenuation increases with the constant initial stress. The critical point where the
phase velocity decreases sharply with the increase of initial stress is at

0
 1 100MPa.T  The phase velocity decreases with the increase of the initial carrier

concentration and plate thickness. When n0 = 1×1010 /m3, the PS plate can be
regarded as a PE plate. The phase velocity and attenuation in short circuit are
smaller than that in open circuit. The effects of carrier concentration, plate
thickness, initial stress and material properties on SH waves in the PS/PM
composite plate with initial stress are similar to those in the PS plate, but the
values of the real and imaginary parts of the wave speed change slightly,
indicating that the PM layer has limited influence on SH waves in this model. The
inflection point of attenuation change is at kh/2π = 0.382 regardless of the initial
stress.

(4) Based on the coupling theory with Coriolis and centrifugal force, the
propagation characteristics of SH waves in MCSs rotating around the fixed axis
are obtained. Wave speed and attenuation decrease faster with increasing angular
velocity, and frequency drift and attenuation coefficient increase with increasing
angular velocity. The rotational sensitivity of long waves is much higher than that
of short waves. The presence of semiconductor properties causes the SH waves to
disperse and attenuate regardless of rotation. When the normalized horizontal
biasing electric field λ ≤ 0.801, the wave speed will decrease with the increase of λ,
and when λ ≥ 0.801, the wave speed will increase sharply with the increase of λ
until it becomes stable.

(5) The deflection, electric potential, hole and electron distributions under
uniform loading in rectangular domain are obtained by means of series solution
for a 2D PS bilayer plate (bimorph) with opposite c-axis. The electromechanical
fields are larger near the center with larger curvature and moment. The 3D finite
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element solution obtained by COMSOL is compared with the series solution, and
it is found that the two methods are qualitatively close, and the relative error is
small in quantitative. In particular, the local self-equilibrated load will induce the
local potential barriers/wells in the loading area, and the potential distribution will
become wider and higher as the loading area increases. The electric potential will
decrease with the increase of plate thickness and initial carrier concentration. On
the other hand, the coupling behavior of bending and extension of a beam under
transverse magnetic field is obtained for a 1D beam composed of PS layer and PM
layer. Under the magnetic field, the moving charge of the PS layer will be
redistributed and move towards the two ends of the beam. When the magnetic
field is increased, the mechanical fields such as extensional and flexural
displacements, electric fields such as electric potential, electric displacement and
polarized charge density, and the change of the disturbed electron concentration
will be more obvious. The initial carrier concentration has little effect on the
mechanical fields, but has great effect on the electrical quantity and the carrier
concentration.

In summary, based on the magneto-mechanical-electro-carrier coupling
theory, the thesis obtains the dispersion and attenuation characteristics of surface
waves in the PS/PM half-space, PM/PS half-space, PM/PE/semiconductor
composite structures, respectively. The regulation of SH waves in MCSs by initial
stress, rotating field and biasing electric field is also discussed. In addition, for the
bilayer structures, the bending coupling characteristics of the PS bimorph and the
electromechanical coupling response of the PS/PM composite beam are obtained,
and the effects of the mechanical load and magnetic field on the
electromechanical fields is revealed. The results obtained are innovative in the
understanding of multi-field coupling of specific functional materials/structures,
and provide a powerful theoretical basis for novel magnetic field controlled SAW
devices and PS devices.

7.2 Future work

In this thesis, the surface waves propagation and coupling fields in PM and PS
composite structures are studied. The research in related fields is developing
rapidly, and there are many problems worth further exploration:

(1) The effects of initial stress and rotation effect on SH waves in MCSs are
studied in this thesis. Further, the influence of functional gradient or viscoelastic
material as the covering layer or non-ideal interface on the surface waves in
MCSs can be considered.

(2) The effects of surface effects, interface effects and non-local effects on
elastic waves in nano MCSs can be considered in the near future.

(3) For the artificial periodic composite structure composed of PM materials
and PS materials, the SAWs propagation in MCS phonon crystals can be further
studied.
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(4) The bending coupling in PS bimorph with n-type doping is studied in this
thesis, and the coupling characteristics of PS bimorph with p-type and n-type
doping respectively can be further studied to form PN junction at the interface. At
the same time, for 1D MCS beams, it can also be developed to 2D plates and
coupling problems with PN junction.

(5) Based on the nonlinear coupling theory of MCSs, the nonlinear solutions
will be obtained by using commercial finite element software such as COMSOL.
In addition, the non-commercial finite element method of Carrera Unified
Formulation (CUF), which has been widely proven to be effective and cost-
effective in the literature, can be used to solve the typical wave problems in the
layered structures of PM and PS. The development of theory needs experimental
verification, in order to speed up the engineering application, experimental studies
are also necessary.
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