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Abstract. The estimation of the Angle of Attack (AOA) and Angle of Sideslip (AOS) is crucial for
flight monitoring and control. However, a gap has been identified on the data selection technique for the
class of estimators based on data-driven methods, such as the synthetic sensor based on Neural Network
(NN). This paper proposes a Cross Validation (CV) technique applied on a manoeuver-based partitioning
method to provide evidence that a given selection of data can lead to better estimation performance, with
the final aim of providing a list of manoeuvers suitable for the training phase of the estimator. Results
are shown using simulated data related to the CleanSky 2 project MIDAS.

1 INTRODUCTION

In 2019, two tragedies related to the failure of the Air Data System (ADS) led to a growing interest in
synthetic sensors for aerodynamic angles. Despite the several solutions available in literature, only few of
them actually reached Technology Readiness Level (TRL) higher than 6. The reasons behind the missing
technological transfer might be found on the difficulty of the aeronautical community of comparing the
performance of the Commercial Off-The-Shelf (COTS) probes with the performance obtained with a
synthetic estimator. The term aerodynamic angles usually refers to the angles between the velocity
vector and the Body axis of an aerial vehicle. These two angles, Angle of Attack (AOA) and Angle of
Sideslip (AOS), are related to the generation of forces and moments on the aircraft and this makes them
very important for a safe flight. The typical equipment used to measure these two angles is a certain
number of angle vanes or multihole probes that are mounted protruding the fuselage of the aircraft [1].
On the contrary, in this field a synthetic sensor (also called virtual sensor) is an estimator able to provide
AOA and/or AOS with an sufficiently high accuracy without the support of dedicated protruding probes,
although it might use other protruding probes such as a Pitot probe for the measurement of the total
pressure. In the past, researchers applied several techniques to obtain a synthetic sensor for AOA and
AOS, for instance several studies exist on the application of Kalman Filter (KF) [2–8], other studies
focus on the application of Neural Network (NN) [9–11], while the mathematical description of the
problem resulting in an analytical estimator independent from the aircraft have been published in [12].
Another important research topic is the wind estimation, which is tighly related to the estimation of
AOA/AOS [13].

The MIDAS project is funded by Clean Sky 2 with the aim of design and manufacture a modular, fully
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integrated and digital ADS equipped with synthetic sensors based on NN [14–17]. Started at the end of
2018, it is following a certifiable process based on DO-254 and DO-160 and in 2021 it will constitute a
rare case of certifiable probe equipped with synthetic estimators of AOA/AOS. Figure 1 shows an high
level schematic of the project.

Figure 1: High-level schematic of the MIDAS ADS.

The synthetic estimator design hence follows the common procedure conducted for NN and it is made
by five main steps:

1. data collection

2. definition of the architecture

3. definition of the training set on which the model will be obtained

4. the training procedure

5. the test phase to verify the generalization capabilities of the model

In literature, it is usually studied the choice of the architecture of the NN and it is typically conducted a
comparison of the performance obtained varying some hyper-parameter of the NN, such as the number
of neurons. In this design flow, the selection of the training set is still manually conducted following a
trial-and-error procedure. Some observations are available from previous works [18,19] but the selection
of the data for the estimation of the aerodynamic angles is still an open question.

This work proposes a technique to improve the performance of the data-driven sensor, independently
from the architecture. Instead of partitioning by experience the dataset in a training set and a test set,
this work proposes to apply a partitioning based on the flight condition, followed by the Cross Validation
(CV) technique. It is hence possible to generate several different pairs of training sets and test sets
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and then choose the best estimator that originate from the various possibilities [20]. Moreover, in this
work, it is taken in consideration the nature of the available data, which comes from flight data recording
or simulation. In this framework, it is possible to define a rule to subdivide each flight so that each
partition can be identified with a flight manoeuver. This training procedure has been called Manoeuver-
based Cross-Validation (MBCV). Once the MBCV training is conducted, the analysis of the selected
training and test sets can help to analyze which are the most suitable manoeuvers and which ones can
be discarded. The comparison can be conducted both on the error timeseries and on the uncertainty
charts. This paper is composed as follows: Sec. 2 describes the method in details, Sec. 3 shows some
preliminary results obtained with the MBCV method. Conclusions are given in Sec. 4.

2 METHOD

Once the relevance of a synthetic sensor for AOA/AOS estimation has been assessed, this section contains
a description of the method proposed to design an effective synthetic sensor. The aerodynamic angles
AOA (or α) and AOS (or β) are written respectively as the sum of an initial estimation α̂ and β̂ and of a
gap ∆α and ∆β, as in Eq. 1

αV S = α̂+∆α (1)

βV S = β̂+∆β (2)

where

α̂ = θ− γ (3)

β̂ = K
ny

qc
(4)

where θ is the pitch angle, γ is the flight path angle, ni represents a proper acceleration along the i axis
and qc is the impact pressure. K is a constant which depends on the application. For what concern ∆α

and ∆β, the architecture of the MIDAS synthetic sensors is based on Multilayer Perceptron (MLP), in
particular it is a feed-forward fully connected NN with 16 inputs, 2 hidden layers with 24 neurons each
and 2 outputs implementing Eq. 5.

[∆α,∆β]T = f(TAS, α̂,nx,ny,nz,θ,ϕ, p,q,r,δe,δa,δr,δth,∆th,δhs) (5)

where TAS is the true airspeed, ψ and φ are the yaw and roll angles, p, q, r are the body angular rates, α̂

is the initial estimation for the AOA.

Several topologies have been analysed during this project, with a different number of neurons and layers,
however this paper focuses on the architecture previously mentioned. This should not be seen as a
limitation, because once a sufficient capacity of the NN is provided, the conclusions of this work should
remain the same. The analysis of the proposed method with different hyper-parameters is hence not

3



A. Brandl, M. Battipede

conducted here and it will be object of future research. This kind of estimator is deeply affected by the
data used for the design. To better describe the dependency of the estimator performance on the data,
some insight on the NN must be provided. An MLP is a repeated biased linear composition of the output
of the preceding neurons and the weights of these compositions are obtained during the training phase
in order to fit a subset of data. The asymptotic solution of the training problem results in the multivariate
regression of the training dataset. It is hence clear that the selection of the data has a great importance
in the design of the virtual sensor. For instance, if the function obtained with the training phase does not
cover a region of the flight envelope, there is little probability that the MLP will be able to predict the
output in that region.

The training phase is generally conducted with minimization of a cost function, e.g. the sum-of-squares
error, starting from a random initial condition for the weights. This nonconvex optimization generally
leads to different functions due to local minima in the cost function. To avoid this problem, the training
phase has been repeated several times to pick the best model. Moreover, as common in regression
analysis, only a subset of the training set is actually used to evaluate gradients and to modify the weights
of the NN. The complementary set is used to avoid overfitting during the training phase. However, it
can be observed that a training set can be associated with a model if the training procedure is conducted
properly and this observation leads the authors to select the final estimator based on the training dataset.
The problem of model selection is well-known literature and one of the most common method to face
this problem is the CV method [20].

This paper proposes to conduct a CV procedure on a partitioning of the dataset based on the flight
manoeuvers, focusing on the estimation of AOA. In fact, it is possible to take advantage of the fact
that data comes from flight recordings or simulation and the partitions can be directly associated to a
particular flight condition or manoeuver. Moreover, the time history of each flight contains a sequence
of steady-state condition followed by a manoeuver, as shown in Figure 2.

Figure 2: Time histories splitting strategy

Once a NN is trained using a possible subset of the dataset, every obtained model will differ in which
manoeuvers have been used for training and, hence, some observation can be drawn. Although still to be
demonstrated rigorously, the composition of timeseries to build several training sets seems not to violate
the assumptions on which the CV is based. In fact, the various timeseries are generated from the same
function, which is the mathematical model of the aircraft. However, the length of a manoeuver is not
standardized and the size of the training set, especially with respect to the size of the test set, is difficult
to be kept under control.

The procedure adopted in this paper starts from the definition of a requirement document to the project
leader Piaggio Aerospace which provided the consortium with a set of simulated manoeuvers. This flight
database contains steady-state flight conditions at different AOA, dynamic conditions such as phugoid,
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dutch-roll, typical identification manoeuvers as the 3-2-1-1 on pitch angle or on the bank angle. To allow
the NN to fit highly nonlinear flight conditions, several stall manoeuvers have been also added to the
flight database. Each flight has been analysed with the Data-Driven Identification and Generation of
Quasi-Steady States (DIGS) algorithm proposed in [18] to mine the quasi-steady state condition. Then a
subset of the dataset has been identified as a candidate family of training sets and then partitioned. The
partitions are then grouped following the V-Fold CV procedure, to maintain a ratio between the size of
the test set and the size of the training set higher than the one obtained with k-Fold CV. In fact, the k-Fold
CV generally results in a training set which covers the 90 % or more of the original dataset, whereas in
this paper the minimum ratio between the size of the test set and the size of the training set is 40 %.

Once several training sets have been created, the same architecture is trained several times starting from
a random initial condition and the performance on the complementary set is evaluated. Once several
models have been obtained, the model with lowest test error is selected. The selected model is then
tested on a different dataset to verify the generalization capabilities of the obtained estimator. This
procedure allows to fully exploit a dataset with 2878444 entries.

3 NUMERICAL RESULTS

Previous section provided a description of the method. This section shows some preliminary results
obtained with the MBCV method using the dataset provided by Piaggio Aerospace. To fully understand
the possibilities given by this method, both the training set and the estimation error have been analysed.
Figure 3 allows to compare the size of the training sets obtained with the application of the proposed
MBCV method. As it can be seen from Figure 3, the size of the test set always exceeds the 55 % of the
size of the training set and this is an important figure on the generalization capabilities of the final model.
Although the method tends to use always the higher number of points for training, the method has lower
chances to overfit. In fact, the size of the test set is considered non-negligible with respect to the size of
the training set.

A demonstration that a different combination of flight segments can actually lead to a better estimator
is given by the Normalized Sum-of-Squares Error (NSSE) evaluated on the complementary set. The
NSSE is the sum-of-squares error normalized by the number of entries of the subset so that a partial
compensation for the size is provided. Figure 4 collects the NSSE values on the selected CV test sets
providing a strong evidence that a different selection of the training set leads to a lower test error. The
average value is also reported as a red line as important figure for the model average methods.

Figure 5 collects the error normalized by the size of the set obtained after every training operation on
a logarithmic chart. A clear difference can be observed between the error obtained on the training set
with respect to the error obtained on the test set and this is a known phenomena when data comes from
flight simulators. Even when sensor noise and measurement delay are implemented, the training error
can be reduced to very low values when data is generated by a mathematical model. This should not be
confused with overfitting, because the test error does not show an increase during the training phase.

The analysis of the timeseries is also of great importance because it gives a quick demonstration of the
estimator capabilites. Figure 6 shows two examples of partitions used as training set on the selected
estimator. The first one is related to a steady state condition whereas the second one contains a 3-2-1-
1 elevator command. As it can be seen from Figure 6, in both case the estimation error of the initial
estimation is non-negligible. This could be one of the reasons why these two segments resulted to be
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Figure 3: Comparison of the size of the training and test sets for the various MBCV partitions.

Figure 4: Comparison of the NSSE evaluated on the various test sets. The red line represents the average value
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Figure 5: Error obtained after every training operation on a logarithmic chart. The highlighted bar represents the
selected estimator.

informative in the MBCV training process.

Figure 7 shows the time history of the AOA signal estimated by the selected model during a stall ma-
noeuver, which is a particular situation involving several nonlinear phenomena.

A first analysis of uncertainty has also been carried out with the evaluation of the error Probability
Density Function (PDF) and Cumulative Distribution Function (CDF) on the training and test set as
reported in Figure 8. The reduction of accuracy on the test set is expected, however the result is still
acceptable.

4 CONCLUSIONS

Synthetic sensors based on NN for the estimation of AOA/AOS are deeply affected by the selection of the
training dataset. At the time of writing this paper, a guideline of which manoeuvers result in the lowest
estimation error in this application is still missing. This work gives evidence that a careful definition of
the training set can help to reduce the error peaks without modifying the neural architecture, provided a
sufficient number of neurons. The proposed method, called MBCV, is a CV procedure applied after a
partitioning based on the flight manoeuvers. The NSSE evaluated on the test set resulted to be reduced
of about 2 orders of magnitude on the selected model. Unfortunately, it was not possible to define a
best set of manoeuvers, but the clear effect of the different composition of training sets gives evidence
that a solution might be found in the future. A drawback of this method is that the computational cost
increases with the number of possible training sets and, sometimes, the various partitions contain more
than a singular flight maneuver in order to reduce the number of trials. A further study will be conducted
on the CV scheme to optimize the ratio between the size of the test set and the size of the training set.
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Figure 6: Time history of two segments of the final training set of the AOA signal in steady state condition and
during a 3-2-1-1 elevator command (VS: virtual sensor, T: true value, in: initial estimation)

Figure 7: Time history of the AOA signal during a stall manoeuver for the generalization test (VS: virtual sensor,
T: true value, in: initial estimation)
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Figure 8: Error PDF and CDF on the training (red) and generalization test set (blue).
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